University of the Pacific
Scholarly Commons

Euler Archive - All Works Euler Archive

1822

De binis formulis speciei xx+myy et xx+nyy inter se
concordibus et discordibus

Leonhard Euler

Follow this and additional works at: https://scholarlycommons.pacific.edu/euler-works
b Part of the Mathematics Commons

Record Created:
2018-09-25

Recommended Citation

Euler, Leonhard, "De binis formulis speciei xx-+myy et xx+nyy inter se concordibus et discordibus" (1822). Euler Archive - All Works.
758.
https://scholarlycommons.pacific.edu/euler-works/758

This Article is brought to you for free and open access by the Euler Archive at Scholarly Commons. It has been accepted for inclusion in Euler Archive -

All Works by an authorized administrator of Scholarly Commons. For more information, please contact mgibney@pacific.edu.


https://scholarlycommons.pacific.edu/?utm_source=scholarlycommons.pacific.edu%2Feuler-works%2F758&utm_medium=PDF&utm_campaign=PDFCoverPages
https://scholarlycommons.pacific.edu/euler-works?utm_source=scholarlycommons.pacific.edu%2Feuler-works%2F758&utm_medium=PDF&utm_campaign=PDFCoverPages
https://scholarlycommons.pacific.edu/euler?utm_source=scholarlycommons.pacific.edu%2Feuler-works%2F758&utm_medium=PDF&utm_campaign=PDFCoverPages
https://scholarlycommons.pacific.edu/euler-works?utm_source=scholarlycommons.pacific.edu%2Feuler-works%2F758&utm_medium=PDF&utm_campaign=PDFCoverPages
http://network.bepress.com/hgg/discipline/174?utm_source=scholarlycommons.pacific.edu%2Feuler-works%2F758&utm_medium=PDF&utm_campaign=PDFCoverPages
https://scholarlycommons.pacific.edu/euler-works/758?utm_source=scholarlycommons.pacific.edu%2Feuler-works%2F758&utm_medium=PDF&utm_campaign=PDFCoverPages
mailto:mgibney@pacific.edu

N BINIS I’ORMULIS SPECIEI
2 ks xx-]—-myy ET xx-—}«nyy T
’ . INTER SE GONCORDIBUS ET DISGORDIBUS. S S )
- . AUGTORE T ‘
x - L. BEULERO. .- A L

oA

- ' PR . . . * .t S . .
’ ' - Conventui exhibuit die 5. Junii 1750. T _

* . .t ! . i ! - . ¥ ) -
- . L - - - :
x, A . . . r

. §. 1 In ‘Analysi Dmghantea ﬁequenussnne occulrere solent .
ﬁupsmod1 bmae formulae,” de quibus quaerltur utrum ambae simul o
quadrata 'effict queant nec ne? quod discrimen ‘cum ‘mafimi it - N,
'mumenu et ad mssgncs pumerorum 'proprictates. pmducai eas hujus -
genefis formulas, quae quadrata reddl  possunty vocabo concordantes, - AP .
eas autem, ubl hoc . nullo” modo fiery potest dzsco.— danteﬁu Tta, cum - v
dcmonsuatum sit, has fonnulas .L.:v—l——, y et mx———yy, nunquam‘ o I
O simul quadrata effici posse, eae erunt dlscmdantcs, quusmodl etiam
sunt hae duae formulae : x2 - yy et x;t,r-k- 2yy ., ac plummae
~aliae’ nunc qmdem cocrmtae. Contra Vcro etiam - d‘mtur 1nnumera,-» ;
biles formulae "concordantes, - cujusmoch sunt zx —+ Yy et 2x -+ 7Jy
Sumto enim x=—3 etry—4 fit. sﬂx+y‘j:_“_52 et asx+7Jy__11
Ouemadmodum igitur formulae- concordantes et d1sc01‘dan‘tes dlstmgm'
queant hic accuratius mvestlgu‘e consutul.' .

- , § 2. P] imum  auterd observass& Juvablt hu}usmodx bmas f’or-= N
- mulas ;phulbus modis in alias transfonnau posse, quae eJuSdem. sint L
indolis. " Ita hae duae fmmulae H ' ‘
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. z2 + (n——m)yy__vv Vv -—%——(m-—n)yy__,.zz P 3 z =
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v 'Hae igitmr. sex Vauatmnes “ita- sunt comparatae, ut si 'éauum quaem (‘ duci
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oo rLerum; integrim qmmctm,que,, sive p@sztwum “sive. negatz- mer:
; tum, investigare ‘omnes formulas. %X -1~nyy___,yv,. quac prin
. cum, propos;m, smt cam'ordantesm, _ VR .- bere
T ‘ '. 4 So 1‘-u-tiuu h & PPY
- S o ' - S R bere
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‘ ' . cmdante& exbibeant, quae \,ru*o quaeatlo petlssnmlm\ pendet ab mdufe 8
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enim fiet z® - myy = qu_pp,__]__y

p+vqq Jami hi valores 1n formula quaesﬁa xa:v—l—nyy,_vv

‘neamus. htexam x, dummodo notetur "éjus
diversum esse pO0sse, quo- plmes factored numerus propomtus m= v

" primos esse" debeie
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complectatur.  Simut verc etiany intelligitur, hturam Z.tam nega,twex:'
quam positive acmpl posse. ]—Ioc €rgo modo. Taabebgmus nmm:wm_.
n = ”:P;qm , ubi erge pro v omnes EJUSTHOdl valores g quaen debebunt
ut numerator” divisicnem per denonnnatolem adlmttat Quare enm Du- ,
merator etiam in duos factores vesolvi gueat, ita ut 51t n= (m—z;)p(;; 2 s

primo eviden
bere ; tum vero
pPrPaq fuerit divisibilis
bere. ~Evidens autem
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{. 6. dlic primo  guidem proauctum PP GG statim ’pra.abet.

duos factores inter se primos pp et 993 ubi etiam: “pro; “aliero- -su-
mi potest ppgg;  pro " altero vero. unitas.  Cum. autem: usw, ves

nire queat, ut productum ppg¢q ;:Uam alils modis in duos factores -

inter se primos resolvi possit, quos (Sﬁmperfqueadlatos esse: de-

"bu‘e manifestum est, ponamus generatim ppqg == rrss;, atque. lite~
ut alter numeratorls fact.ur Y + a- dmsz-
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bilis evadat per.2.x7, alter ¥ero. v —&. PLL 2.9,.5'. K
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co] § g, Hane' ob rem ponamus v+x___2ﬁr et v—-w“—zgss
" ut “hée modo prodeat ipse nuagneum quaesitus 7 === fg.  Ex illis

_satls cogmtae bmos numelos g ét o, ut _fractio == pl«oxnne accedat

. obrem , qulcunque numeri. per J‘J’ et §¥§ de51gnentur -istos numer 05

)

' amm sit . 7 =g, binc erit. . . o
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‘
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vero acquahtatnbus stanm colligitur v == frr-—r-gss [ s rr--——gss.
Cum - autem quantltas x tanquam cogmta spectau debeat hic pOt]S—
51mum qua.eutur quaies numeri pro. f° et ¢ accipi debeant,” ut, fiat
frr—gssT—x B sive. hoc, problema’ exit resolvendum quomodo

o

' ‘datis numeéris'r, §, @, deﬁmrl debeant - et g, ut huic condition ¢
frr — gss::.i: satlsﬁat‘?qd quod 51 numen Ky s et .essent de- & e
terminati , per notas Analysaos \openatione§ facﬂc plaestau possH: E - qQ
At vero h1c “solutione geneaah est opus‘, quam sequenu modo ob it
tmeblmus. L TP q

§ 8. ?ro numeus rr et 33, quaemmus ape methodl Jam »

\,

‘ad fractmnem g;,' swe ut 51t Urr-—i—ugss "—‘."5_ i COnstat-\auteni;, i

talem’ ﬁactlomm 57 per eas opelatlones mvemn posse, qulbus ma- E

. Ximus commums divisor umerorum s et - .9.5‘ quaeri..golet. - Hanc i@

‘¢ et g tanquam cognuos spectaxe hceblt : e “

§ Q . HIS 1g1tur numells 0 et & erentls C'lpla‘l'DU.S f._h.s‘s+
et g=—hrr —'—}—ga:, tam’ enim, -quia fieri- debet frs = 1 gss =tz
his valorlbus su’bstitutls fiet . frr— gss . (51“1 —_— gss), xdeo- ~-
que ob grr —gss = =1, utigue ‘evadet frr— gss— @, hoc-| ;',_f
gque modo nostlum problema jam. pelfecte Cllt solutum- _ Cum 8

"‘n;(?zss—'i—c:'x) (hrr-éi—ga:) o e
qul ergo valor ‘semper p1oduc1t riumerum compositum., 1isi altem. B
fdctorum gbeat in unitatem. Ubl meminise oportet pmno pro-
plurcs -assignatos fuigse valores pro, factonbus aumert ;| m = . ) (
Praeterea: vero etiam pio r et’s saepe plures ‘dari possunt vqloxes,
at fiat Js__pq, quae geminae. vanetat,cs a €e invicem_ non pendent,,

ﬁa ut cum smguhs valoubus 1psms z smgulos vakmes 1psa**um. roetj
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minimis 1 et 1 mmp1endo, et pro- smcruhs excelpantur nitmeri g et

o tum. pto quollbet casu 7 et.§ quaerantur omnia producta. Pq

ipsi s aequalia ;- quod-eo pluribus - ‘modis fieri, poterit, quo plures

© affuerint factores. Tum. vero pro smguhs p et ¢ quaersatur valo-

res Ipsius FT= p.pp-—-—l»‘qq, 1d quod .duplici, ‘modo . Reri poterit, quna

etiam erit x_Vpp——-—qu ‘Quo facto smguh valorcs pro & in=.

venti dabunt infinitos :valores pro numero quﬁ,emto, cum sn: fo

n’:(hsS~—}—0'w) (hrr~+—9m) ;,-|' ‘

hocque modo operatlones contmuando plurlmos numeros pro n :.~'
sumendos obt1neb1mus._; S e L

-

- EXcmplum.
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-8 12, Pr opoum [ai mula’ XX~ yy == 22 muestzgare omnes
- formulas éoncor dcmtes xx nyy il 4 5% ' -

. H:c ergo- etit M‘::M "’i et :c__pp-—-qq Sumatur nune-
=2 et s = 1, elltque g==1{ et ¢==0." Quia 1g1tur rs.._._.2',‘
unico modo fiet pz— 2 ‘et ¢ =1, eutque x==8, “quocirea, hine
habebimus’n = & (477, —l- 3) ,' unde pro n _]a.m deducuntur sequen-
tes valores: n—1, 7, 10, 22, .27, 45, 52, 76, 85 Slm1h mo-
, i do sumatur r —3 et s—— 1, ubi 1terum ent g::_-: 1 et 0“:‘_—_. 0,
- & tum vero unicod- "‘modo fiet p: 3 et q : i, 1deoque ‘%' == 8 ; hinc-
;. n=h(9h -+ 8), umde oriuntur sequentes valores pron: 1,17,20, 52 57.
. Eodem modo sumtis r'—" 3 et sT=2, - ut. Slt 2w -9 &t o =1y
- ) habcblmus duplici-mode- p —6 et g — 1, et P — 3 et g—= 2,
“@ ¢ unde duo casus’ nascuntul scﬂ & == 35 ,-et x == 5: Ex pnore
i . orietar n— (4h '+ 35) (gh -+— 70) ) unde infra centenauuln nth
. . S occurrunt valmes praeter " hos : H T ——- 63 11 49, 100 At
- "'i vero pro. altéro casu fiet .n == (4h 4~ 5) @h - 10), unde ouuntur"_;
hi valores: n= {, 24. Hinc jam. satls clare mtelhgitur-@ quomodﬂ_"

ultenus sit operandum

roblematis§.

valores 4 - quentes valoves’ ,mfra cemenarlum sumus - adepu. Prnno quldem

T istos, posmvos. : R . : : -
Memoires de Pdcad. T, PIIL. ~ ~ ' P, -’\.. -2 ' o

‘Hoc autem modo calculum satis Ionge prosecuti, pro moses
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— 35, — 47-~— 85, — 60, — 76, —. 88,

T Fai it ‘enin :

w4, 1, 40, 40, A7, 205 22, 24, 27, 30, 34, B4, it
ik, 46, 49, 60,'52,.57, 50, 6th;;71 12, 14, 76

79, 85 86, 92, 94, 97 99,-1“ v RN
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Ent enim
[ - . . o0

1205 4— ::1297“'«[,: S,

4295%4 86. 72::14572. S s %,

. _Numerus autem n_.._—~47 011tu1 ex casu P! :.‘3."61‘2 et y:: 35

612 —%—35’“—'6L3‘Eﬁ 612--—.47 35‘-**563

-e

14. Cum 1g1tu1 neuthuam aff" irmare hceat, Omnes . numc-;

- ros in hac- tabula non contentos. dare . fonnu[as discordantes ' cum G
K formula a,m-—]—«yy___.,,_,, methodum’ sunJungam quamlibet - formu-
lam :z;m—l—nyy.___vv explorandl utrum sit concordans an dlSCOl-’

. dans ecum formula:za —1—-yy::zz ]Zx casu autem noussuno fm-

| mulaltun dlscmdantmm xE Yy ef za — Y. supra Jam. deriva~

} jvm:ms Zx — yy et wm=—i— 2yy, quae’ celte etiam -sunt d!SCGlda'II-*.‘
tes. Quamobrem hasge formulas .’xx—[——yJ et xx—{-.%yy\ hic’ a,d'

. examen 1evocabo\ :

-

Problemaz,

.foplm"m e ut; wm hae duae for muiae XX+Fy = [j et m-i— 3 yy._, {]
_ sint concoi*dcmtes an dzscordmates, o

§. 43. Interim tamen asseverale non’ ausun, nulloé‘ alios/"; 3
praeterea dar1 valores pro H. Ou]dam enim. homm valorum orti., 1
| démum sunt ex numeris satls . magnis pm rets assumhs Velutkj»7
valor n—= 569 prodiit ex nuUmerq - 2= - swe ex casu r==6 et. 38
C§— 5] unde “fit y:ﬁo tum énim .utique, ent :l:l +60 punt 612';
‘:et 11 -,J— 50 . 602:: 4612, Sm:mh modo cagus 1 — 86 01tus est:?'

: "'ex valonbus x-— 129 et y__ 72,
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| §. 15. Numerorum z ety alter necessarlo erlt pm- alter ime _
ar. dele a,utem paiet in fmmula pc;stq:more &, non esse- possa pa,-a .
rem ; -foret enim 'y impar et Byy numerus formae Bari 3, : qui

cum quauratm pau sumgquam quadratum efﬁcare potest Ent ergo .

x impar ety par. . Pro. priore formula erit’ a:__pp-wqq et
y — 2pg., ubl ergo iterum numerorum p et ¢ alter est par, al-

© ter impar. Hine igitur postenor' f'mmuia evadet - :'.'; ‘-: e

sx - 3yy =pt -+ 10ppgg ¢ =0

quae formula rudnc;tur ad hanc: pJJ—I— gg)’ =2 (z,uq)”', ’Statua«

mus &rgo - PP 4 qq = 4+ rr— ’?ss et zpq =275 1deoque
Pg=1rs : . R jz . ._ .

©T. {16, Hic jam tufo assumere licet q_._.i SLqundem pro P::

Ty S ellam fractiones admittere vehmus. Habebimus ergo p —=rs

et nostra aequatlo erit-rrss -1 = rr 2ss.. Ex Sngs $1-~

"X a8y -
perionibus deducimus 7 r — ;t'E?ﬂ quae fractm , s loco s Sc:nba,-_
e ft 55 :
mus -;, reducitur ad. hanc: ; r+'“‘ quae, an quadxa.tum producere‘

| v

\ CP—
queat, nec ne? quaeritur, | -

J§. 17, Hic ante omnia est Observandum, numeraterem et
denomﬁnatmem almm divisorem commuiem habere non posqe praeier'n

ternarium , unde uterque vel ipse erit quadratum vel triplym qua-
dratum, PllOle casu crgo habebnnus H+288—aa et (-85 :bb

unde fit- £ == b ~- 55 et aa =% bb A--355 quae formulae/&mﬂes‘

sunt ipsis - propasitis,. 1deoque eandem sm‘tem sequentur . Posterlole

casu erit f —- 285 == Saa'ei tt —ss == 3pb. Ex posteriove erit .
tt == s -+ 3060, unde ‘fit 3 a@ =355+ 3 bb, sive aa—s&——}—bb‘ )

quae formulag 1telum 1p51 propomtae sunt smu'les. Cor T

25‘.1—""1

- 18, Ex mf‘emombus i rus it rro— 2
§ gnis erit rre ey
, - : g e —— !H‘S'—'—'f‘t
loco s scnbamus T .quoj-.ﬁa- rr = TeoT, ubj dlwsor commums,

praeter ternarium, : non datuy, Casus, quo nummator et denommator
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ST aabb+ccdd— ' (aacc——sbbdd)

J;."; fgf_ s 1 T L

sunt purm inter se,. praebet 285 - b == - da; s - 88 z="bb, ubi sta.
" tim ingens - absmdum ‘se oﬂ’elt ~ Summa, enim folet ad. +-bb — 3ss.. 1@
"Constat autém _summan duomm ~guadr atorum . nunguam per 3 di-_ {8 )
- vidi pOSSe .5umatur 258 — tt —8aa et ss—i-tt == 3bb, unde -
_sequltul ss_aa—n—bb “hincque 1301r0 tf"'—zbb—» aa. eL ss—l—ft-—abb £

" guod, | 1te1um pel se. est absurdum. oo ‘
T §. 9. Ex his conJunctJm Jjam - sequltur si fmmulae plopo-fﬁ: 1
“sitae essent concmdantes, ex iis allae ejusdem. indolis séquerentu,
' - atque’ "adeo multo” m1n01es, quam obrem cum. 1n mmonbus numeris W
nullus cacus pOSSIbﬂIS assignari queat ewctum “est, a,mbas formulas
ploposuas esse discmdmtes. L e T e
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S Problema,;f :
,Pmpaszta fo.: mula xx-—\— b y__. O, explor are, ufrum. haec fo;-_
nula, X%~ 1.13ry._._ 0 sit concordans ‘nec ne. 2 2B
" o Salu‘ug SRR
§ 2 0“. ch stat‘m patet x essa debelc numerum 1mparem *',g.
.Tam plo prlore penatm a ::pp--——f,vq et y_,_ 2pq, ubi patet .nu-“;
mermum p et ¢ ‘alteram: debme eas,e pa.lem,, aiterum Jmpalem .
Hmc altera founul‘a fiet. - o )
asm-}—ziyy;ip »—%—~i4ppqq+q N :
~quae’ formufa abit in hanc: (pp—~g¢)® 3(2P9') e [:!, ubl
- Prlus quadlatum est’ mapal Ponatm ergo pp-+gq—- 4—(1r~—- uss),_‘
ﬁpq == 2rs, sive pg =S HIG si_guemquam offendat, quod ante,;
sumserinug, ¢ ;== 1+, caleulum " in mtegus mst1tuamus, - gumendo | . K
pq:rs_*.g,bcd et’ pomamus- p.____ab q__mcd r—ac; s—=bd, &
qmbus valoribus substitutis erit : : ‘ R
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: . § 21 Slgnum _superius nobis dablt FrRarya s S

Jus numerator et dendminator almm factoxem communem habere ne-
guit excepto munerg. Jx, qui cum 1pse sit quadratum, necesse est ub #&

cu-

-+ uterque flat qua,dlatum Statvatur’ ergo cc—- Sbb_ ff et cc —bb= gg:, ‘
R erltque cc: bb+gg et -ﬁbb—i—gg ”“ff; quac fmmulae curnve- "
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piunt cum ipsis
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divisor communis non occuu‘lt pxaeter 43 unde tam< numerator'qua,m
denominator debét esse quadlatum - Quod si ergo, ponatun ‘

abb---cc__._ff et bb—{—cc:gg

ex priore erit
igitur ista operatlo ve
‘vel contladlcuonem mvulvat
" proposiias esse dlscordantes. B

1 -perducat ~ad formulas proposms similes,
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tor et denominator fiant dupla quadrata, scﬂlcet Sbb o= 21, f‘

fit f——g——0b, consequenter etiam a__ﬂd p—g¢, ideoque m: O, Qo

imp'a.l;_eni- ergo easu utique ambae formulae. propositae” fient - quadrata. Hoc

fihtet' autem alils casibus evenire munguan. posse hoe ‘modo . ostendi po-
im13il‘€m test. Cum enim hinc fiat cc—2g¢ —1btb et zbb-—gg g "
T ith .

jsta quatuor quadrata cc, 'gg, bb, Jf forent in progressione arithme-
tica, quod autemr NUEGRATE fieri posse jam dudum est demonstra-‘

tum, solo casu -excepto quo inter se sunt -aequaha, -

§. 24. Subjungamus autem adhuc . caSum, quo, binag- f'01mu-=

quod anige lae propositae revera sunt c.oncmdantes.
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habele 1} _ {. 25. Pro prmrc sumémus ut hactenus » ___prp —_ qu “et
¢sse est ¥y—2p q, et posterior dabit p* - 26 ppgg -+ q 0, quae trans-

cc —bb= {8
ulac: cmmr . 'potest primo pp -+ qq — + (rr — Gss) et pq — vel aecundo
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quorum tamen. termini minorés, sunt.

§ 22. Sign® mfcmora* nobis dabunt "E—— 8b-cc 7 u-Bi ‘alius

3bb —cc —-/f, quod . jam ‘est abéurdum. Cum -

‘hoe celtum est 51gnun1, formulas~

§. 23.- ]-Ilc autem jure 003101 putest - fiexi posse ut numera—r

et 5[)_;_00____299, quod revera fieri sponte patet casus b—c unde :
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' Propos;m f"ormu?m XX-4-yy =0 ‘explorare utrum haec formula. "

}:f : |
- formatur in hanc : (pp—-]—-qq) + b (2pq) jl:l > Pro qua: pom 3




,. co, pp-—f—- qq — '_{_ (3; ] 2.5‘9) et pr -'s'. | Pro utraque ergo sta-
e et tuamus -pg T='rs == abed anue p :a‘b g == C‘ff JF=ac,.s bd, ‘; i
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RS sieque pro’ prima fochuIa habebimus §

B _aabb+ccdd:+(aacc~—655dd) et. pro altem
T dabb —I—Mcdd +(3adcc — - 2bbdad). :
: Ob mgna ergo ambigua quatum casus sunt eVolvendi

adi___ co—j-85D..
§ 26 “Bro priove casy ent b = eeiIET u’bi

.so:n :commums mt 7, primo fiat cc+ 66b— ff et ec w bb—= g4, unde; -

cum"- divi- &

.. fit ec :,bﬁ+gg et Ff = 70k +gg, quae fmmulae ipsis’ plo:—‘r'; _
\ 7 positis sunt sxrmles Ponamug pouo ce ~ 6bb= (v et cc ~—bb 799, .: - ©
T hmcque fiet cc — bb——{— ing et ff = bb—{—gg, quae denuo pm- _ ::

. s positis sunt, mmﬂes L "
10 S - aa’ 'Bbbi—ce ! q
A ST 8270 Plo secundo casu vant @ — Teaec ubl 1te1111‘n di .?:- q
.wsor commimis esse potest 7 quale s{atuendo 606 —cec ___ff et.";, er

o

. bb-ce—gy, foret 6bb==¢c -} ff quod est -absurdwm. ' Sta: B
© . 7 juamus’ ergo 666——3(‘“‘7]‘7 et bb-—{-—co___ 7.99: quae POSte‘ ""
Tior, supposmo jam per se est’ absm&a ' S e

. cc:—-i—sbﬁ ) i lo:
_§ 28.7_ Termus ‘casus dat 2 dd_'.':’cc —53, dbi cflesm ﬁcommum& f

o . iterum est 7., At vem ponendo_hic cc—;—zbb_ff et 3 corbb= gg -
.+,  foret 3cc~bb+ 99, quod denuo -est abgurdum. - Statnamus erge

i S - .
’ R . ,CC+255 7]‘)‘ et 300-—-—6?)“—'79'9, hmc fit r:c:i?ff——-—ﬁbb .:‘m
’ S S Ct gg — Sffa—-- bb; sive’ 3ff““ bb -}—gg, qugd est absirdum. .
|l, .‘_ R ' ": - §20. - Restat. igitur’ quartus-, casns+, - qui dat dd___;:::zz ot
:‘! T e ’libl staﬁmm in (M:ul(}s ‘occurrit casum b —“c s 1 satisfacere’; tum | f= alt
i! .+ enim- ﬁet x =1 et d=—2. . Hiac. autem nanciscimur p=—1., % sta
li‘ S~ g=a2, “ideoque Z=3 et y:4 aunde  utique fiet wzyy == 5 |: cus
I'; et "73,95"-,‘“!7.7 yy — 147, Consequenter »ev1dens est ’f@rmulas plopomtas: sto
i . csse concordantes. ! . - S . .
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- e R 30. Cum S{)"lutlo penultimi ‘problematis non safis §it con .
’ mnna et ‘pelsplcua, eJus loco ﬁequens themema subjungamus,,. ' . Sind
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Hae duae formulac Xx—{—yy_._f] ef xx+4yy_fj swmf".

dzsco; dcmtes, sive zmposszbd& est pro x et ¥ ¢jusmodi va-

lores asszgnare, ‘gui utramgque’ reddant quadzatum » aea:-' ‘

‘ ceptzs duobus Easzbus X= -0 et y:_" {}..

Demonstl atior .
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' § ‘ 31. Inc:plamus a postelmre formuIa xm+4yy, quae cuik |

etiam * sit stimma = dilorum quadratorum ; certe erit @ T pp=—=ggq
et y = pq; tum enim. flet ‘wa = 4y —= (pp - gq)?. Hine - 9

tem prior formula - Hanc induet formam: p* -——pp qq—{—q. =

quae manifesto aequivalet huic: (pp —quq) —3( ]Jq) =T[]. ‘Quamobrent,”

quo hoc fiat, statpamus pp.—— qq.=rr -—]— 3-5‘5‘ et pq —= 2rs. ‘Sie .

enim fiet xm+Jy:(i'r_‘3ss} SR P

§. 32. Statuaraus - porre’ p qr = 2= 2,ab cd .ﬁ‘a'fqti’é"
p—— 2ab erit ¢ —— cd; tum vero sit r — be, ent = bd ‘qui va~

lores substituti hanc praebent aequationem-:. - s
éaabb—l—ccdd—aaae-—l——Sbbdd’ '

Shb-—cc cc—3bk

da ___ - .
unde segquitur dd s 4bb-—-c , vel etiam 73— F—455) abi cuny

nullus divisor commums OCcurrat 51q111dem tam p et g quazm r et
§ supponantur priu 1ntel seé, tan‘r[ numerater quam denormnawtor

seorsim debet-esse quadratum. - Pro prmre elgo ponatur 3bb—cc = _f)‘
et 466-—cc____gg, quae utraque -positio est absurda.- Quare. pro'

altera foaxnula. ponamus ca—Sbb::ff et ce-—ébb:::‘gg -Ex ista,

statim 'fit cc..,_..g'g-—z— 4bb, unde altela'“evddlt ff_._ g9 bb ;- quae .
‘cum'-sint ipsis .propositis’ perfecte similes > atqne minores , mamfe«

sto hme saqmtur‘ Veutas t[iememails. S .
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§. 33. Cum igitur -istae formulae xm+yy et ww»—]—-&yy'
sint dlSCOlGdnteS Letiam 0mnes ej.us varlatlones 1111110 memomtae
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Lz .-;_»Ayy = v l 22 - 3Gy ==~ vy v — 3yy': 2z 4 I

vy — X T Ayy z =
v'::ax;v R - |

2% — XX = YY
4 2% — ‘3:650::-41)1) ~vv+8.xm*—4,..,.,
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Corol‘lal inm 2.

§ 34 Praeterea vero etiam’ 111ae “formulae; ad quas in.so- %
Rl
lutione . supenme SUMUS pelducil , -certe sunt dlscmdantes, Scﬂlcet B
268 = gg =SS L
2gg—bb._::ca,
'quadrata in progresmone arlthmetlca.

quomam non dantur. qu,atuor
lsc01dantes, quae sunt :

" Hine -ergo étlam  omnes. vamauones erunt . d

‘zicm—-yy::zz 327 — e yy yy -+ zz=2x% arg
2yy——.srx__.'uu 3503:-—»24:5:” 1 8yy — @2 = 290 b quo
2yy — VU D= XX 2w vV ==2yy J 22z 4 VU = 3XT om
syy—- 20V __._'zz 5w —viv =228 { 2z -+ 2w = 3yy -gae

X _ , ~ ' IR qus

- Corollarlum 3. pre
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_ § 55 Demque etlam formulae blquadla,tlcae quae se ob’cu-- SuS

. lerunt sunt’ 1mp0551b11es Ita. cum eX theoremate sit pte- Ppgq -+ g =1 loc
- mlpossﬁajha, 1mp0531b11es quogue erit-haec forma p“«i 14ppag- +-q4—f_‘], ' . pw
hineque etiam pluies aliae folmulae, quae per ilansformatlonem “hinc. 3 dul
forman possunt._ S EEE T cuj
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