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quae expreflio pro cafibus, quibus 2 eff mnmesus Fadtug

P ’ . . 3
ita per formulam integraless exhibers potelt; we fip
zopmmg KT Ax e

o Vie—xx)® T e
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pro cafibus quibus exponens # eft numerns
inieger pofitiups. |

8§ 2. Quo wis husus theorematis clariug perfplcia~
tir, enoluamus cafis fimpliciores fequenti shodos )

effe debeg
= Rt , A ‘
L Big =2, sront wagiag 1, 2, 1, ideogue ¥ chepre-,
matis efiz debeg _ ' '
£ [ p— — . 2
L 8i n=3g, erent vnciae %, 3, 8, ¥, idonguevi shege
rematis efle debet
R i o o SR = YR I .
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V. §i m=s, erunt vnciae 1, 5, 0, to, 5, I, ideoque
yi theorematis efle .debet |
1+ 5’*+I02+IO’+5’+‘I“::252:i.

VI Si #:6,‘ erunt vnciae ¥, 6, I5, 20,
ideoque vi theorematis effe debet
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Corollarium.

§. 5. Cum formula -

k1

X~

hibeat maximam VO Ciamﬁﬂﬂ?ﬁtﬁﬂa{ﬂ—Bi—ﬁeﬁf}ﬁAdfﬁxph«

pentem 27 euedi, theorema noftrum etiam hoc. modo
enunciari poteft: - : .

_ Si quadraia onciarum pro poreflate exponentis n in
onam fummam colliganiur, €a femper acquabitur maximae
waciae in poieflace exponentis 21 occurrvenii. Ita pro cafi-
bus ante euolatis 2 eft maxima. vncia pro exponente 2,
deinde 6 eft maxima vncia pro exponente 4; porso 20
eft Taxima vacia pro exponente 6 fimilique modo, fey
quens famma 70 eft maxima vncia pro exponente §. et
ita pOrIO. '

Explicatio theorematis
' quo exponens # cft numerus fractus.

§. 4. Quando exponens n eft numerus fratus,
 fevies vnciarum in infinitum extenditur, vonde earum qua-
‘drata etiam conftituent feriem infinitam, cuins {umma per
xtdx : '

-~ , innotefcet,

s
!
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formulam illam integraiem: = 22® f°
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fiquidem hoc integrale ab ¥ —o vfque ad x — 4 ex~
tendatur, id-quod vnico exemplo, quo n=i, oftendife
fufliciet; tum autem erit v

—_f M 1,1, —Te.r. 3 — 1SS, pee L L3 5.7
a—— ﬁ-_.l-#-—v.— — '_'“'8——'-" __..---—-—-..—-_.. E
=3 2.4"'(}/ 2,4.67 . 2,687 24,6, 8, 16 7 tc.

quarum -igitur valorum quadrata. conftituent hanc feriem:
12 12, 12 12, 12, 2% 1%, 12, 32, 52 1%, 1%, 3%, 52, o2
I + '2"'2" + ;":":é +m+22.+2.6':,82 +22942-63. 22, ‘:;"i" GIC,e

23, 4%, 6%

cuivs ergo fumma ex formula integralis
E4%_  extenfa ab ¥ — o ad X =1,

v —x x)?

et petenda, Eft vero

x dx —— h_-- — ’
Ty = L=V (1 —~xx),

bd Y’(l - X
quare fatto iam x— r eius valor euadit — r, Quocirca

{umma feriei inuentae erit =2, cuius valor per fractio=

nem decimalem eft 1,273230; aique ad hunc valorem
continno magis appropinquabitur, quo plures termini fe-
riel I +-o® 4 [ - "+~ ete. adn colligentur; qui cals
culus quo facilins inflitvatur, ob aa =12, notetur effe
BB=rea; YY=EBB=(BPR; 30 == ;
ee=::00; SE=ees p =344, et

quo .obferuato calcvlus fequenti modo infitvatur:.

I=—1I,000000

¢ o— 0, 250000
BR =o0,015625
VY = 0, 003906
d-—0,001526
£€—0, 000748
{4 = 0, 000420
M = 0, 000260
08 —o, coo192

Summa =— 1, 272657;' ‘ ‘K

‘Hacc:
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Haee fumma deficit a vefo valore hac fra@ione: o 0005-*73?
quae ergo acqualis cenfenda eft omnibus ﬁqucnt:btaﬂ ter=
minis, guos hic praetermifimos; id guod (afficit ad veti-

tatemy noflri affesti. comprobandam. & :

6. 5. Siexponenti s alios valores fiactos tribue-
e *‘-Vellemu&, v¢ o1 non amplivs foret numerus integer,
tonc fumma feriel non ampliue a quadratura cir euli, fed
a :q.uadl.a‘tnns sltioribus penderet. Caererum khic motafis
fonabiz, 4i fumeremps g — — I, wvnde ficret ’
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goae conftans ita capi debet, vt emanefcat pofite x o,
ex quo fiet- C= —4/0, ideoque € —on, Stacuamus munc
¥ == 1, £t ifte valer prodibit —=oca. :

§. 6. Sin avtem fatuamus g —7F, vt fat
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§. 8. Ex fuperiori integralium reduétione etiarm
siei0 nofirae formulae integralis in theoremate datae red-
2i poteft; cum epim in genere fit

f 5t d x ,__'éw{aff wdx
V(r—xx} i-t-2 'V(n*—xx)fr"

calu autem =0 'ﬁﬁ.ff Jf;(—”f-_%q-,:?, erit vt fequitur:
TR ARI .

f 2xdd T X

(:—wx)“‘“‘ﬁ°ﬁ“

f x4+ dx R -
_‘/(l___me E-Eoz_‘u

P w1 5 &
Joi—em —FoF RN

f xf d o —_T ot ¥ & 7
vu-——xac)-‘—‘“"‘&“E”F“'E‘
ql® 4w W 2 B T @
f;/(s-_xx)—w“}ﬁpznﬂt’“'ﬁ'p

ete. efc,

Quodfi iam exponenti » (uecefiine numeros inte-

gros, T, 2, 3, 4, CtG tribuamus, indeque concludamus
~yalorem uoftrae feriel
. R . 2 xzﬂ: dx

r 4ot 3 vt et —S= et e

| r V¥V (i—xx)

reperiemus pro S hos wvalores:
1. Pro calu n = x erit S — 2.
1L Pro cafn m= 2 erit S="7.%
1. Pro cafu m— g erit S=%.z.%-
1V. Pro cafu # == 4 erit S—=:.0.5.%
V. Pro cafy m=35 erit S=2.%.%
etc., ‘ etc.
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Vnde pater pro quonis exponente integro » foye

CE § [ 6 41 e
T e Er & o W - e —
rcery u ¥

prozfus vei in theoremate flacnimuys,
Scholion,

exponens # et numerus fraftus, fummam nofirac feriei
per formulam integralem repraclentauimus, quae fam ina
voluic peripheriam circuli T, ta ctiam pluribus modis

§. o. Quemadmodum  hie pro cafibus,  quibus

valor einsdem fammae § per alias formnlas integrales ex-
— primi potelt, gumarum aliguas hic adivngamus, Prima {ci=
licet efy ' \

2
‘I' S"‘"‘ l P ’ ol g ©
2fx x {1 — xf

: z
il §= —— -,
Bfx"dx (1~ ypF—

I .
e |
{22 4 1) /¥ d % (z — )
Vbl quidem, vt ante, has formulas integrales a terming
¥=0 vsque ad ¥ = 1 extend; oportet.  Ira pro eafin

2 —_—2,

=71 prima harum formarum praeber S=2-=2; fe-

tunda vero formula dar §— 1 =ri tertia porro formue

T ixdxT

€ Ia dat S:sm&_(?:"xj' Eﬁ YVEery

L S=

fxdx(xfx);:;__xxﬂ-;exs::;,
€2 quo fir §~—2, '

AGa dead, Imp. Se. Tom, PP, . r Confi
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Confideremus hic etiam cafum # =3, ac primg

—_— i

iftarum formularum pracbet S=- — fx-——. Pofito  antem
‘ : j:’(x‘—-:s_x_}' ‘
hic ¥ —yy, fit | o
d x — dy  —-w
.fﬁx-.-wu) — 9_/‘.4(, —yy T
ficque erit §—2%, prorfus vti fupra eft inuentum. Con-
templemur adhuc cafum #==§ ac prima harum formu.
i Qe . .
laram dabit $= sppyip—m- Eft vero

Sxxdw(s—af =% - -

hincque ergo erit S = 20, vt fupra.

Theorema Il

§. 10. Manentibus litteris o, 8, v, 0, otc. vo-
ciis pro poteftate exponentis #, fi fimili modo litterae
aly @y 1/, 8% etc. denotent vncias pro poteftate exponen-
tis #'; hincque formetur ifta feries:

Ctad 3 BE Ay Y S 8 et
eins fumma aequabitur ifti producto: ‘
_rij_—u’_: Bed-nfi—2 m-nf =3 e 1

2 £} 4 n

" j-n?
5 ?
quae eadem fumma etiam per fequentes formulas integra-’

les exprimi potefl:

fine per =, .I 4
nfx"dx (1—xP
n—}-«ﬁ‘ ;
ﬁtflﬁ per 7 ﬁlfxn’_-l ax (I --x)“".'l‘?
fine per — i )’
Y F P e

) vbi
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vbi integralia ab x— o vique ad x —

. fune exeen.
denda. '
| Explicatio.. ‘
pro cafibus, quibug €Xponentes « et # fyne
| numeri integri pofitiui.

§. 11, Quo exempla hyjug theorematis clarips

ob oculos Ponamus, quonjam cafils, quo n' — #, fam in
primo theoremate fip; cuoluti, differentiam Inter liog ex.

ponentes » et 4 flarganmgg PIImMoO = x, vi fir 4 Zw-trx,
¢t percurramus fequentes cafus; -

LSitw —1 - - -

_ - I, I
We—ma - oL

~ Iy 2, I

erit ferieg 1?; 2403,
Cum igitur ¢ n-tn'=g, Produ@um datum cuadit £, vii
requiritur, | '
II, Sit 72:2_- - - - =~ Eeaop g
=g - - . _ _ I8 43¢

‘ ,-  ) hilzferies I+6+3+0::'Io
Yerum ob g -4 — 5 productum illud fi¢ 5
. P . - N

£
+ E.

i1, Sit w—g - - . . I+3-341
Wl—g - - .. T+ 464441
. - -—_——_-.-—-.—'_"'—__-__-_'-_—h

ergo feries 11 . I§ 4 4.4 oy_-_-g
¥Ob #--4'=v poftrum productum euadit — 7.5

—
{l AN

'L 2 | . IV.
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B A T e S B
o I 5 410410+ 5+

IV.Sit n =4~ = ~

We—=35 - = =
ergo feriss 1420+ 6040+ 54 0L26
9 3 ?'e ¥

at ob 7 4= # = g- nofrum produftum erit == T

V.St =g - = - =t 5k 10k 10 FAE
- i 64 154 20HIS ST

Hom6 - -
erge feries I-zaoow{-_xgo-%«zua-!rjg—&-ﬁ—{-o“.u:a
Ity 183, 0, B 7

®

Kine ob -4 @ == 1z noftrum gmﬁmi“mm; grit Tt
YO : T

§, 12, otatamus nuoe gl — # - 2 et produdum

exhibitom fiet C _
e A=z -1 ZH ' n=lr
e g Amim—— 3 ) a L] L] - " " K]

Hing igitur percurramus fequentes cafus:

LSt no=1 - - - = I~-I
g - - - = T3 3AT

ergo feries 1+3-—-\—-o = 4

T4
=a

produftum avtem nofrom fit 3
ILStnr—2~-." = ~ 1 -2 -}~ 3
=4~ = - fA4-4 4 64+4+1

ergn {eries I—ks—%’én—%—-o_. 15

55 — I5.

e

at pmduanm nofirim = 7

1L Sit # =8 - R R
=5 - -~ 1+5+10—%—~03+5+1

ergo feries 1+ xs«’r—jo—-k«o;—}—o — 56

at P-udwé’tum nofiram fit = S
| . _ iv.

- -

———————
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iVSitn=g - - . . It 44+ 64 44 1
e It 61542041544

6680 fories I+«4~+90+39-4-x5+@ 210
at produtum nofirmm et = 20 :

Vlitgzg o _ =14 5 goL 104 54 T
B2 < - - ipg 7+ 21+ 35! +85-+ar M

T pxoﬁv&vm noftrum fiet . e e =792

crgr) feries I+35+~ EO+350d 175 g 1+o:792

err. B =X o

Exphcai:m

pro caﬁbus, quibus: alter exponens ' et -
:numerws fradtus.

¥nciarnm , S o
1 - o g B' A=t - i ege, €rit

1 1. s 3.3 5oy
Tost i~ s ay ete,

Bo 4 7245\'!

His igitug. térmzms fingulatim, jn- fenem '
2 +“+ﬁ+?+5+ e,
dudtis, orietor ifta” feries s

) — . 7 ___r.,!rs :%3.;5?
Teia--ltig “ﬁynzr-, 3

458

euivs ergo fumma aequabamr huic prodago: .

Posn—3F p_s :
‘—'—-n—u.—-_—-—.,-n -] L] D e
I 2 3 %
Ly ‘ five

§. 13. Suiﬁcsat Pn'c fumfiffe 4 — ..-.-,,..ane ferfes
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fiue .
g Hemt Gy “H—§ 2B—7 T
T _— ] L o a ¥ =

s " « v &6 * s YU aw

quod quoinodo eueniat fequentibus cafibus examincmus:

- I Sitsm— 1, hincque a =1, =0y ¥ = Oy &tC vide

1]

noftra feries erit @ — 5 —=34 at YeIO noftrim pro- -

daftum erit — ;.

I, Sitpe= 2, erit a =2 =13 v —n; etc. vide
- noftra feries prodit = 1 — I —~ ;3 == 3; at Yero pro-
dudnm noftrum eunadit = 3, '

1. Sitn— g, ideoque a=3; B==3; Y =1; d==0C
ete. vnde feries prodit — 1 — 2% — B — 2

Z. 4 Z.4,6 18 *

at vero produdtum noftrum ‘eunadit — .
IV. Sit n=4, ideoque a=4; B=65 Y =4; 3=1;
e — 0} -etc. vnde feries erit
P—i4t+3. 65 4+ & T 5
produ@um autem noftrum crit

7 5 2 I e 3§
e ;. [ 'g.-—-'iig.

Explicatio _
pro cafibus, quibus ambo_exponentes
funt numeri fraéti,

§ 14. Sufficiat hic folum cafum euoluiffe, quo
~: ot pf=—131. Hic igitur pro »—; feries vncia-
rum erit:

1o = B - e et

2.4, 8 2 4.6, B
_ yerum pro exponente nd — — 1 feries vnciarum erit:
1 ]-3____1.3'.5 1.3-517_
— st . nae 2o de 68 ctc.

Ex
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Ex his igitur binis feviebus  combinatis orietur feries in
theoremate commemorata ; :

1 g5 12, 32, 5 ety 42 g2 gu 5o -
¥ — e * —_— 2T 3% — e dTea T RO A —
BT 27, 1%, 52 2% 17 5%, g% 22,43, 6%, 3%, ¥ &tc,

quae ergo feries in infinitym excurrit; et quoniam #- pon
- eft numerus integer producto theorematis vei nop licer;
quam ob rem ad formulas integrales in theoremate exhi-
bitas "erit recurrendum ; quarum prima pro f{umma huigs

S 2 .
feriei Praebet f'-"—-ﬁ—-f—w- ;
) V{x—~xx}

_._4_0

fecunda. forma dat i}

S avixz—wna)

 tertia autem forma dat W{i"::?.‘
Vbi quidem haec integralia a teimino x —o vsque ad
terminum x = 1 funt cxtendenda, quae quia evndem valorem
producere debent., fecupdam formulam hic practermitti
conueniet. -

| | 2
§.15. Euolvamus igitur formulam Primam s—ypr—

?(x--xx)

. ‘ I
Pro qua flatnamus 4 == y ¥, vt prodeat f_ay— Notum
Vi1=5%)

atem eft effe pro terminis affignatis f‘,(ijm =7, quam

b rem valor noftrae feriei erir + Tertia antem formula,

- .
quae erat W;‘:jg, pOﬁtO ¥ =¥y fiet
Ya

Y (—x)=2fdy¥ (s —yy)
at
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at vero heec formula j:fy“v’(z-—yy) expmrmﬁ aream

quadrantis , cuins radivs =

1, quag cum ﬁ.c =3 M it
famma poftrae feriel 2, vt ante. :

‘16, Hmc 1gutm pa,tet, fummam ferzex inuentae -
offe -——; . Quare fi feriem brevitatis - gratia ita mpme«
fentemus? Cor
r —A-—B-= C D~ F-—etc.__,;r-,cm

A-—i——B-;,—C—{u—Deic,:I —;—
2 —1,2973230, vnde

Supraantemvidimus effe_proxime &
fieri debet | |
A+B-{—-C+D+ etc,_o,gﬁ 853

hiz autem eft ,

. — 03 — TS TR B .

__;,B_._TEA — =B, D=2 C;
22Dy F=%4 E; et

705 —— i

Fuoluamus igitur fingulos ‘hos fa@;mes in ﬁa&ionlbﬁﬁ de=

cimalibus, eaatquﬁ
A 0, 250000
B0, 046875
- - 0,0109532
D —=c.010650
B = 0, c06%529
¥ = 0, 004626

———————air—

Spmma == 0, 338441
'quze adhue - deficit a wertate quamxmfa o, 0240443 qund
mirom non eft, cam fequentes termini pragcermifi; ania
entm continuo misus d@ﬁ!ﬂﬁ:ﬂﬂt:; facile 1antum difcrimen

parere pofiunt,

Scho-




= ) 89 (Sl
Scholion,

§ 17, Quac hafenus funt aflata et per complye
ra exempla illofirata, veritatem noftrorem theorematum
fatis comprobare videntur , etiamfi npila demonftratio di-
recta proferri poffet.  Quanquam’ autem nulla via dire@a
patere Videtur, iftam veritarem perferutandi, tamen duplici
modo ad. completam. demonfrationem pertingere licet, quo-
- rum  alter ipfa natura vociarum fmnititur ,  alter vepo ex
calculo probabilitatum peti poteft. Priorem igitur demon-

firandi modum hic dilucide cXponamus, qui fimul nobis .-

innumerabilia alia theoremata affinia parefaciet,

Definitio. |

§. 18. Huinsmodi charadere : [L£], defignabimus
productum ex ¢ fra®ionibusg formatum , quarlim numerae
tores, a littera fuperiorf p incipientes, continuo voitate dew
crefcant, denominatores vero ab wvpirare incipientes conti-

puo per vnitatem crefcant; vnde intelligitur, iftum cha=

raCterem [-g_] defignare iftud produum more folito ex-
prefflum:

(I b R ek B k. . el ks
i* = ') z . Py ) - L] * e q .

Corollarium 1.

§. 10.- Hic iam . ratione vncias fingularum pote<
- fatum, quas fopra litteris a, B 7, etc. repra!efentagi_ml{s,
fequenti modo fatis fuccindte et cleganter exhibere licebit,
quippe quae pro exponente # erynt -

-]

{]

Alta diad. Imp, Sc. Tom. V. P. 1, M
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ﬂ(ﬂ.-‘!)(ﬂ,-—z)__, [T B

Y 2. -4 ‘—""‘[3]
p(ne1)(n—2}(—3) —= [%

ER 1, - %, . - [E}
pln—1){n—s)(n~3){a—e)} —[17
1o 3 3. 4a 5 -j— H

etc, etc,

L

Atque hinc intelligitur, cum pro quaunis poteftate vaciarnm
omninm prima femper fit vnitas , fore ifto noto réprac-
fentandi modo [27] = T. Similique modo, cum vitima vis

ciarum quoque fit vnitas, erit etiam [ % ] == 1, propterea
quod erit |

) I C TR 6. kS MR ST SRS

[.-ﬂ-—‘.] 1. % 3 ° n

vhi numerator ma ifefto ‘denominatori eft aequalis,

Corollarium 2.

§. 20, Cum, quoties exponens 7 eft numerus in-
geger pofitivus, tam omnes vnciae primam antecedentes ,
quam vltimamfequentes, fint nihilo aequales, iuxta noutm
hunc exprimendi modum perpetud erit
[zl=0; [Z]=9% [L]=o; etc.
jta vt, denotante i numMeErum integrum pofitiuum quemcnn®
que, femper fit [2:]=o, Simili modo pro vnciis vitimam
fequentibus femper erit o -
X —— . _— . .._lt__ —_— . n o . B
[E':_-?] =0 [ﬁ"}?] =0 [n--i-s] =0, [E‘-FZ] == ©0j ¢tC,

atque adeo in gemerd erit [15]=0.,

Lems
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. -Lemm_a;._
§. 21 Recepto ifto fignandi modo ferper erig
[51=1:%1. Cum enim £t -

[E]=tledomaitoms) . . . . s,
.q = 2, I, 5 N . . q 2

fimiligue modo . | ,
G l=ple=ntos)pesy - (gmer).
Pog e . (p—3)?

hae duae ‘exprefliones manifefto inter fa funt aequales;’

Per crucem enim  multiplicando »_Prior numerator in de
nominatorem pofteriorem duGus pracbet . produGum

.28 ., (P‘"?J(%’ffﬂ‘f-ﬂ(ﬁ*'?_’l‘ 2y .. p

- ¥bi fa&ores fine vila interruptione continuo vnitate cre-
feunt, ita vt iflng productum fi¢ 1, ,, 34 ......p
Simili modo denominator prior  ducus. in aumeratorem
pofteriorem dat iftud productum : .
. 2.3.4 . . ,. 7.(a+1)(g42) . ; . p
quod itidem eft 1. 2, g, * + - . . P, vtante; ficque
aequalitas harum duarum formularym [£] et [725] eft
demonftrata, T ‘

Corollarium,

§. 22, Hoc iam Lemma manifefto continet ratio
em, cur vnciae omnigm ordinum, fige dire@e fiue retro
{criptae, cadem lege Progrediantyr,

Lemma .
§. 23, Introdu®a eadem ynejag defignandi ratione
femper erit o
[l =y,
M 2 Cum
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Cam enim fit

‘P] —--?f?”g—’)(f’:'")(? 3) - — .{?T—féﬁ"‘) ct
b ]——u—:){puz)cp-s) .. tb—g2).
2. z 4 g—1 7

q-—-l
prior forma aequatur pofteriori dué’cae in it ‘;‘*“, 1deoqun

erit .
(274 2] = [ 251 (hitet) = (2251 (),
quomrca habebimus |

— ""' —I — . na — ‘ >
[p]_‘_ [g—x] (p x) P(Pz )(P“z? -~ .,_.fPéE:}-z},“
aeioxmainamfhﬂ:o conuenit cum hac:
(p+r)z>fp-=me~z) ----- ($—gt=2)

..... q
quae Ergo, ‘more ﬁgnanch recepto, ita refertur: [LE_J 1, ita

vt fit [2]+ [a—":x]”‘[p_'”]

Corollarium 1.

§, 24. Si loco ¢ feribamus g ¥, formalls per-.
mutagis erit
fimilique ~modo, numerum g contiauc vnitate aﬂgmdo, erit
etiam Vi fequuur

[""?'_'-1'_}—{5—1—- z] bt [r—}-s] ?

21+ A== 50

[*-2——]-*“['5:;‘?]'— =T

["_—_}‘-1—1.{:—1—6 ]__[q—i-ﬁ]’

g-5

et et

Corol-
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Corollarium .
§ 25, "Quodfi harym aequalitatums binag fe infe-
quentes addamus, prodibunt iftas nopae aequationes;

[+ 22+ tq= ]+ = [ete]

[0+ 2 (720 + [2] =ERI A = ey
=]+ 2 R+ 2] = (2] Bl = [
[g-;,*;—a]+z.[,_.,—$1;]+[q-f’-;]:[§-j:‘;’]+[g_,_:-“—; = [2tg
214220+ I =0 + ey =[2£Y
[l 2 ]+ ] = 1 - 2y = ol
G+ e 4 (2] = G+ = [k

etC' ' ) etCQ

. Corollarium 3.
§- 26. Quodfi denuo binas harum aequalitatum
ko infequentes addamus, reperiemus primo:

%]‘ + 8 [‘;ﬁ";} T+ 3 [g‘.f_—z] ~+ [.{:I:,L—g] = [g.:;:'—:] + [r}E"HJ = [é:{*:“

Simili modo prodibunt fequentes aeq_uationes:

 ERI R s [ - ) = et

Eodemque modo porro: , ; _
)+ 8 ]+ 8 2] - [ 2] = ety

4 T & e 54 2
Parique modo virerius progredi Iicebit, quousque libuerit,

‘dtque hinc fequens problema refoluere poterimus,

Problema.
§. 2. Sumtis pro p ¢t.g ntmeris quibuscunque integris
Pofitinis, i practerea littera # etiam huiusmodi numerum
. M 3 quent~
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guemeunque denotet, 1nue(’c1ga1e fummam 1ﬁ1us feriel:
[2]. 21+ 07251+ 0T sl [ [l + et

-Solutio/
Cum fit [F] =1, et iftae formulac:

IR 120 5D I3 et
mhxbeanr vacias pro poteftate exponentis 7, in Corollariis
piaecedentxbus vidimus, .fore pro cafu #z—71 S

T rP1 1t 1]
L ]_—"J T '-q-l-r 4[,1_,_,; ’

fum vero pro cafu # =2 Corollarium fecundum dedits
Pt

1L [_13] 2 Fi-—? +[Fi—"§]—— [4.1.,
deinde pro cafn n =g in Corollario III. inuenimus:

L (2] 4 8 [+ 8 el -+ ] = [53Ds
atque fi in eodem Coroflario binas priores aequationes
addamus, prodibit pro cafu # — 4 ifta aequatio:

COIVL 2]+ 4 [E] A S L %+[q+3l+[jil—[§iﬂ,
vade iam fatis 1uculenter perfpicitur fore pro calu z—=35:

V. [2]s L2410 [lbro [+ [0+ )= (25,

atque adeo iam in genere pronunciare licer, feriel in pro- |

blemate. propofitae
HEtIEgHEE [,H.J—x—["] (251 [ 2] - ete
fummam e{fe =[t37), qua formula indicatur iftnd pro:

.o . /
dudtum: | ‘ y 7
1_::}_-?1 pm—t p—l-n—;z .?r]-n—-g - . - - 2:_ +x .

'—- g  —
q L]

3 5 Pam— %

=3

+

- Corole

~ M e
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Corollarium 1.
) §}, 28 l;,Cumﬂ per Lemma L in genere Gt
. [T;.‘.] — [ﬁ.‘i‘;]:
erit nofirae feriej- propofitac fimma etiam — £p—"§ » Qua
forma exprimitur ifiud productum : '

p+n.p+n:_x.p+n-zep+m-:_z_‘ - ,q__-r':n-kfc
3 .z . z 4 P~y

b

- Corollarium o,
§. 29. Quodfi fumamus g = o, ifiae. formulae:

473

[g;} = 2] [2] - (41— ete.
exhibebunt vncias pro poteftate exponentis P quae ergo
fi fingulatim ducantur in vncias pro poteftate exponentis
i, refultabit ifta feries: o

[21: (8] 4 [F1- I8+ [31. [0 [21. 18] 4 ete.
cuins ergo fumma erit =227, vel etiam 2], quarum
formularzm illa dat iftud productum:

P PERor pphkncz pancs | pn
x * z . 3- " s : ) '—.—E—”,
altera vero formula euoluta aequatur hunc producto ;

BB Pdnor pime—z. popne—mz R X it
- . i ? ?

, : _
ficque veritas fecundi theorematis fupra allati eft demons
frata, quoniam litterae o, B, «y,-ete, ibi denotabant wne
Cias pro exponente #, alterac verg al, B, o', etc. pro
exponente 7', cuius loco hic habemus P -

Corollarium 3. , 7
§. 80. Si practerea capiamus p— g, poftra feries

bibit in eam ipfam, quam in theoremate I fumus con-
. templa~
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templati, feilicet: L.
el £ 2 ey (o ot (37 4 ete.

cuins Joco ibi habuimus o i
Cx e at A Byt et

¢ins €ergo fumma ex hic ajlatis erit

[zn —— 2h zR—1 2R3 =3 . . m = ri-f«-:-r&

_— —— g e se—— ——
o ,._.l- z L] % -'4- . ﬂ

ficque etiam theorema L. rigorofe cft demonftratum.

_ 6. g3. In ipfo quidem theoremate ~primo fum-
mam feriei per alind productum, fcilicet :
8 6 10 i+ 18 - - - i 4H —
-5 ?

IFTECT RS b .
expreflimus; verum hanc formam cum hic exhibita penitis
conuenire facile oftendi. poteft, Cum enim vtrinque deno-
ininatores fint iidem, demonftrandnm eft, hoc produétam:

272'(2_71—-1)(212-2) - - = = =mAI, e
femper aequale cffe huic producto: ’
2, 6, 10. T4, = = = = -~ (42— 2)

Hunc in finem ponamus prius productum — P, {equens
vero, quod oritur, fi loco z {cribamus # -+ 1, defigne:
mus littera Q, ita vt fit |

Q=(2n+2) (2n-41) 20 (28 —1) (2n—e) = = = (n-4+2)
ynde patet fore’

Qo (2n2) (204 ?) — I P
—-___"_.n—fi’:{-———_ﬁ(lfn—i— o), ideoque

¥
Q={(4n~+2)F; |
vode patet, quomodo €X quouis valore pro n definiatur

fequens valor pro # -+ I Quare cum pro cafu =1
- illud




T

w$3 ) o7 { Ydw

illed produdtum P fit = 2; fequens produfium Q erit
=2.6, quod ergo valet pro #:= =2, quod £ iam denuo
vecetur =P, fequens produdtum Q erit — 2. 6. 10, pro
cafs w=3; fi hoc denyo defignetur per P, erit fequéns
productum Q — 2, 6. 10, 14, pro caft #=4; vnde ve-
ritas huins identitatis manifefto elucet. Caeterum - pro-
blema, quod modo trafauimus, multo latius, patet; quam
theoremata initio allata, quare operae pretium erit thege
tema inde natum hic ob oculos exponere, "

Theorema generale. |
| " § 32, Si literae p, n et ¢ denotent numeros
~ integros quoscunque, huius feriei inde formatae:

B 13 BN S EA = BT b Y e 2y e

| et : .
fomma femper aequalis eft huic formuiae: [Tq’—ﬁ—’;], vel eti-
am hvic: [222], quarum illa pracbet iftud produdtym

PbB  Pogele—1 Podemoee L L ., o Pedebr
' 7 * 3 . gt=n ’_ T
haec vero iftud: - )
prbn poement pebnoa L D L geRBied
1T s BE . P-4

Corollarium 1. |
§ 83, Quodﬁ ergo iftam feriem littera S deﬁgnc«-
mus, ita vi-fit | o . \
COS=RLIRI ) - et |
it §={P%2]. Tam loco p feribamus p+ x4 feriemque
inde’ natam per s referamus, ita vt fit -
C o S=0LIERIA I Ol 1) LT e s
Atia Acad, Imp. Se. Tom, V. P, I N erit - - : |
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erit :[fl:'i—jiF], fattaque enolutione erit
g/ :p+n+x . p—i—n _"E’.{_"n_!_ S _ T p=te
St 2 3 . : gn !
“ynde: colligitur fore | ‘

oo Saspant Gtg
) o pEnET
.S“—-'-‘i)"—q—i;’.s.

Corollarium 2.

§. 34. Simili modo i in noftra ferie S loco p

feyibamus p - 2, ac fratuamust O
i = (5. [ o [ (3220 - (0 (20 + 5 (] et

erit SV = %-‘;'“—1&‘—3; S/, quocirca habebimus nunc
u-;-e,wi.'ﬁ_nti' :
' S. — poq4r, pmat: - S.

Simili modo fi denuo litteram p Vnitate augeamus, ac
fratgarmnus o
._.. ' —}-" 1 e o : -+ .
o Sl.j{—m.[g] . [?TE‘] + [':‘1 . [‘%3;] ~+ [%] . [z::i]+ efC,
erit '
g pEnts Sh
ST = e -S%
ideoque habebimus. nunuc

SJH__._'b-?-n—l-_:_ pandn [ pAndE
e ErENI TR T

Sicque vlterivs progredi licet , quousque fibaerit, ita vt
per valorem g omnues feguentes: gt s, s, S, etc. fa-
cile exhiberi queant, id gued in {fequentibus infignem’
yfum praefiabif, : ' :

Pro-
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| Pxob’ema.

5. 95, 8P quacpiam litterarim p, 46t 1, vl doae,.

vel adeo omnes fuering ﬁ“&l@h&ﬁ, in verum Vaiamm fo-
riet pmpoﬁtae ------

1§ =[], [P]._]L_.[ 1. [q+[] E‘"[] f. ] ‘“étcf‘

i

per. férmulam mtegralem zfrqumeae, !

e ~ Solutie..
i ,lSupra in, Thememate IL obferuauimus, valorem
iftivs plodm?c;l i . — ;
an!  nenf -—_5 n+n’—-z . e e o Rpa
3 ' 2 " 3 : "
aequari vel hoic formulae:
. T
nfx“ d’x(: X
1L ﬁ—l_”l En_‘ ; vel IILHC’ "

nufx n—’dx — )
_ S

| 1 t h .
)._‘i-j HI (fz+7z’+1)fx dr(x- )n: ve exam nic: |

b

Cum igitur nofiro cafu fit-

S——"“‘” P+n—r P—LH-_E,'.." R = E T
z . a—§-—n

comparatmne rite 111ﬁ1tuta patet, quod ibi fuerat #- ‘hic
efle ¢~ #, et quod ibi fumat #—4—-u' hic efle D4+,
ideoque quod ibi fuerat #, hic. nobis erit p—g; quibus
notatis . triplici modo valmem ipfius S per formulas inte-
grales exprimere poterzmus, quac i’urr~
: i
L S"‘

(g +ﬂ)[.xf’ Ty (1~ xgFier

N 2 ' _ IL,
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' : ' -t o
P t (-9 t?—i.—ﬂ)fo"i“‘a’x(Iu-.,‘,;)fl+wu
SIS = 1 |

(P A I)fxﬁ_qafx (1 — x){!-l-ft’

fi quidem fingnla haec integralia a termino ¥ =0 v
que ad terminum X = I extendantur. " Perpetuo autem
perinde erit, quanam hatum trium formularum vti veli.
mus, quandoguidem inter fe perfedte comueniunt, quems-

admodum ex redudione integralium fatis nota jhtelligic

“tur. Manifeftum autem oft,  quaccunque fractiones litte=
ris.p, ¢ et # defignenter, valorem fummae S ad certam
formulam integralem, fine quadraturam rewocari. - '

A Corollarium 1. -

. §. 6. Hinc igitur patet, innumerabiles iftiusmo<
" di feries communem fummarm habere poffe. Veluti fi alia
" quaecnnque huius formae feries habeatur: | .

D1 2] D[] 4 (3] [2a] 4+ etee .
vt eius fumma praecedenti evadat aequalis, requiritur pri-
mo vt fit Q4-N=—¢—+#n, fecundo vt P—-Q—=p—g,
jdéoque Q =g-+#—Net P=p+n—N, vbi ergo N
arbitrio’ noftro relinquitur; ac dummodo litteris P et Q
hi valores affignentur, feries inde refultans femper aequas
"{is erit feriei hic fummatae, ‘

- Corollarium o.

| $. 37. Si, vt ante fecimus, loco p fucceffine “f’cri-
bampus p+ 15 p+2; P+ 3; €ic. ac fummas fericrum in-
. C de
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~ de hatarum per §f, S# ‘S"”, ete. defignemus, hae per fop.
mulas integrales fequenti modo exprimentur:

I.‘S’:.. ﬂ__ﬁ——]——ﬂ-—[——-r _ L
(p—g+1) :(9—}-72)/::?_“?4,;; {x— x}q-‘e;n:."Ff
I S (P 1)(p - my

(=0+1) (b=g) lgn) [P~ 5 a

mL§rs o
R B e rirra

Quentes valores §4,

Vinde fatisJiquehA;u—emedﬁﬁctfmﬂé

S#, ete. exprimi debeant,
p .

Scholion.

§ 38. Quodfi ergo litterae by getn denioteny:
AUMErcs integros, ‘cuidens eft, fingulas has formulzs ag ;
enadere integrabiles, indeque. eadem producta enafci, qua-é‘L
fupra pro fumma S inuenimus ; fin autem inter hag littes
ras fractiones occurrant, fummatio ad.’q;‘:'adramras 20 als
tiores reducctur, quo magis fra&tiones fuerint complicarae}é"
inter quas ii cafus imprimis notatn digni occurrunt, guog
ad arcus circulares reuocare licet, id quod viu venit ig

ifta formnla: o
Y \
x dx _y .
~——— . —, flue far g p {1 — p)=>
Mg T e I s,
~dta vz, comparatione cum prima nofirarum  frmularsm
s P=g=A—-1 et 9-+Fn—3x——A2,
ideoque a
P==net gzir—g-p -
N g - Pro
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. W
. : oAt dx
Pro formula g';lute__r,n f(—x—-:"-)-i.-;?"--'integranda ftatuamus
g et § ] dae
s __,y, fietque hlflc x : d-_—ﬁ ct Pl ;(—I_—f_-—J,1deoque for-
y v Lo .
“mula noftra euadet f-——;—y—; vbi notetur, cafu ¥ —o

fore y—o, at'caft ¥ =1 fore y =0, ita vt hoc inte-
grale a termino y=o vsque ad terminum ¥ =o< capi

oporteat. Quia nunc exponentem ?«. vt fradtum fpectamuis,”

: .E'Jﬂ il
ponamu,s' AzE, et formula 11Lteg1alls erit fy dy. ch
‘ ! r."n'; oo I_}_‘y
flatpamus porro ¥ — 25 vt ﬁt o
B—v
g :"“"’ et a’y___yz“"d
Rt g g
'vnde formula 1ntcg1ahs erit
+z .
mula notum ef’c, eius mzegraie a termino z=—o0 vsque
X1
ad z_oo eﬁ’c ::;f"n%n,r; quocirca, quatxes foerit
. . T

tum valor nofirae formulae mtegrahs erit
f«;? Qd.?u(:[-—»-x)""!‘““’— ——
ynde fequens problemaréfoluere poterimus.

—

§. 39. Propofita hac ferie:
S=[2102] 4 [ [ 1+ [F] [ e ] e et

inpe-

Problema., . i
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invenire relationem inter numeros p, g et 7, ¥t eius fime
mas$ per quadraturam ‘circuli’ exprimi poffit.
- Solutio. _ :
- _Intet terpas formulas ‘integrales pro furama huius
feriei S fupra datas’ prima erac: R
g T T
C o PE A R T I (T ey T
modo antem vidimus, quoties fuerit
p=—n Gt.q:I-—ﬂ—_ﬁ‘-,
——toties fore TR

. . I
- Sat Tdx ( L= x‘)9+n r— fi o
quo valore fubftituto erit. o

fin, BF __ vfn BT o | o
(g+n)e ™~ =)=
Quo igitur ifte valor Jocum habeat; duze conditiones re-
quiruntur, quarum prima poftulat, Nt fit p=<2n, fine
Pp~n=o, fecunda vero, e fie o L
g=1—n—% fiue p—g=k g | -

——

- Corollarium. o
¢ § 40. Quodfi ergo iftae ‘conditiones locum ha-
beant,

i fucceffiue " loco p feribamis p 4ok S S
. p-+3; etc., fummae autem nofirag feriei hinc n
e -SJ’ 'SJ’I- -S/l_ﬁ

atae per
, etc. defignentur, quoniam inuenimus
‘ V ﬁn- M . ' ' k . K f}
HE -l , €Lt -

PRyl SRR

S*’.:
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gz BT Covfm Vo BT
e e D
S St= u(rx-i—vz}('i—ﬁ)“'ﬁn' E"}r’
Sl = p+;+s SH-—MJ&—-I—HI(P?'*R'::J“ ~kiw’ ﬁn'&?;
S”""‘"{_n_t: Sm*—my.-t-v)(l&;%-::v;(liji-ﬂ-”('*f““‘ fia, E'*: ¢
ete. ctc
Exemplum.

§. 41, Accommodemus hacc ad cafum theorema-

tis noftri fecundi, pro quo ftatui debet ¢ =o, Vvt Dancis
camur hanc feriem: o

S=[:1 [E1+1{%]. ["]+[] ["]J—H ["]-l—etca
Quia autem erat g=1 —n—1%, hxc erit

n =2k, ideoque. p-*

Hic autem commode ipfum numerum % in computo retis
nere poterimus, ita vt fit po=— 7, tum autem erit
£ — 13—, fite }L_V(I—-ﬂ), |

¢x quo moftra fumma erit S,_,*”?“;l———';“—)t*, quae erg@ eft

“fumma huins feriei:
-—I+["] [—31+[31. ["‘"]"1“[ 1. [—-"]+etc,

§ 4.2. Quodﬁ ngnc  numernm P vmtﬁte azagaa=
mus, ob p-+1 =1 —p feries noftra erit: ,

§= 1+ [ L5014 [3] [20] o+ [3] [152) o ete
quamobrem propter p.=v (1 —n) erit ifta fummas

i —Jm. (1~
8 ﬁ:(;..urﬁ.“’ vel quia fin, (x -—n)'zr:ﬁrs,nw

€om-
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commodius habebimus

—Jin.np (‘l._ ﬂnnqr
S“'mr' ct T T a(i-n)w "

§. 43. Quodfi iam porro fatnamis
“‘I+ﬁ][“ﬂ+[]ﬁ*}+[ﬂ*ﬂ+em
reperietur ifta fumma §# — —ﬁﬁ% Simili modo #

porro ftatuamuys:

2 5 [ [0 [ L] 4 30 (2] o

.fﬂ_. Loz Ffin nar "
prodibit ifta fumma § — AT (e HOCQUE Mo

do has feries, quoVsqueJuhﬂcJ:Lt,A,au{ﬂymwﬂ[ﬁﬁf

§ 44. Quodfi iam charaGeres hic breuicasie gras
tia introducios more {olito euoluamus, prima feries hane
induet formam:

___nn nn{nn-:) nn(:cn x)(un-ﬂ

S=—x1—2ry — mleno)enay

.. nn(nﬂ»Jann #){nn-~o0) _..fm nw
- mans T —ete, —fnw

culus  fummationis ratio ahunde ita oftend] poteﬁ Diui-
datur virinque per m# — I, fietque

s _— — rn(nn-4) ,, RA{H® ) nyug)
N7 l+—‘ In & O i e Ae 2. 16
nrz{nn-».}(nn sli(nn-16)
< o T 25 —l—-etc,

szdamus pmro vtrinque per 222ty fietque

45 — an(rm-g)‘
Inn—-x)(nn-wj — 1 + 9 16

(H7w QJ(nn_ Hnn-16)
_'n_:._m e et

Dinidamus porro per 2L=2, prodibitque

4r e S n___nnlrp—is)
(wReiinmo —i)(aneg) — X + % T T
_hn(nnaté ) {(nneag) : N
' - 16 25, 3G = ¢l¢, .

Alta 4pad, Imp Se. Tam. V.P. L O Di-
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‘Dinidatur porro per =X, ac prodibit

4.0.16.5 ’ — e BEE
{nn—ij{iin—4) (AR ~8 ][~ 10) =L e gy e efe,

Quare fi iftac operationes in infinitum caminuentur}'offﬁ;
tur tandem ifta aequatio: :

T 4.9, 16,85 o o o« 8 e b oy
(un.-r')(n.n--].)(nn-—~—9)‘6‘!ﬂ- - i,lﬁ.,

quae ambiguitas fizni vt rollatur, ‘in fingulis factoribus de.
nominatoris figna immutemus, habsbimusque

. pager6 2. o 8 N )
(l—‘"‘n)(“"'n'nj(g'—ﬂ.‘!z)([G-—n‘n,}'@[c,_ ""+ 115

quocirca binc fequitur fore

) ot r— = dr i 16— . : [ :
e e ik E=rterec i infinituny,

cuius produéti infiniti valorem cfie —/%ET jam fatis coms
Gar. Si enim capiamus hic # =1}, hinc fiet

% .. Y.% 3.8 5.7 7.9 etC
—_ . . »

e Ty T
iiis 2,2 424 B0 8. B

quae ef expreffio notifima Wallifiana.

| Scholion. | |
6, 43, Halftenus igitnr veritatem noftrorum theo-=
yematum, quae primo afpeftu maxime ardua merite funt

yifs, ex planiffiimis Avalyfeos principiis {olidiffime demons=
#ranimus. Datur autem adbuc alia viaad evndem [copum
perducens ex dodtrina combinationum deduta, quam quam-

guamn ab inftituto non parum aliena videatur, hic clarius
£XPONAMUS.: :

| Problema.. = = .
Si habeatur manipulus {chedularim vel chartarum,
quarusn aumerys fit ==, inter quas reperianiur # chartag
' L certis




“’%:% ) 10'7) g:e%m

certis fignis notatae, atque ¢x hoc manipulo forte exipa~

hantar £ chariae, inuveftigare numeros cafoum, quibus . vel

-nulla ilarom chartyrum notatarum inter iftas & charess

extratlas reperiatur, vel vnica, vel duae tantum, vel tres,

vel gnatnor etc. vel adeo omnes #, {i quidem npmerus z
nou excedat numerum &

Solutio, |
§. 46. Cum nnmerus omninm chartarum fit =5,
fi inde vnica charts exerahererur 5 mualiitudo - varietatym

foret — & fin anthH&Lt&ﬂwmmmhﬁmﬁ—rﬁrﬁ rme=

TUS varietatum foret f-f-f—:l.", qui ninerus per noflros cha-
racteres exprefius erit []: fin antem tres chartae eXtra~
. g . . TEP . —f{s=1){s-ad s
hantur, numeres varietaram comgrtm efle — P [;],
atrque hinc concladimus, fi bumerus: chartarum extradia~
rum fuerit = %, sumerzm omninm varietatum poffibilinm

fore —[+].

§ 47. CTum nunc numerus chartarum notarum
fit ==n, quaeramus primo, quot modis enenire queat , vt
eartimn nolla iater £ chartas extra@as occurrac; ad hoc in-
weniendom excludamus omnes chartas fignaras €x noftro
manipulo integro, et numems reliquarum chartarum erit
Zf—mn, vode fi £ chartae exrrahantur, numerns ommium

varietatum erit = {337}, quj numerus omaes continet ca~

fus, quibus nulla chartarum notatarum inter extractas
Igperietur, :

§. 48. TInnefligemus nunc, guot modis cuenire
poflit, wt ¥nica charta notata inter exwadas reperiatur;

. 0 =2 ‘ _ 1€

B I S
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neceffe igitur eft, vt ‘relignae extraftae, quarum Humerus
eft k—1, fint non notatac, quarum numerus cum fit 5=,
£ inde tantum k— 1 chartae exirahantur, DUMErUS OmMoi-

um varjetatum erit = [=]. Quare fi his fingulis cafibug

vnam chartam notatam adinogamus,. id qued # Yariis
modis fieri poteft, numerus - ompiem horum - cafunm

erit
=n =] =[] =l

P

§. 49. Inueftigemus fimili modo omnes cafus, qui~
bus duae chartae notatae inter k extraftas reperientur;
reliquae ergo harum chartarum, quarnm numerns eft
— h— 2, debent effle non notatae, ideogue €X MUMEID.
chartarum § — # defumtae, vnde pumerus omnium vatie-
tatum erit — [£=27; quibus- ergo fingulis infuper duas

k—-z

n{n—1)
2,

chartas notatas adiungi oportebit, id quod cafibus

— [#] fiexi poteft; vnde numerus omnium cafuum, qui-
bus duae tantum charta¢ notatae inter extractas reperien-
tor, erit [2].[F=;]. Fodem modo facile patebit, vt
tantim tres chartae notatse inter extradtas occurrant,
. : g ~ 1313 1 §—n
aumernm omnium cafuum pofiibilium fore (31 =0
Porro igitnr vt guatuor chartag notatas inter extradtas re-
periantur, numerus omaium varietatum poffibilium erit

=3 U4=

§. so. Hinc igitur in genere concludimus; vt A
chartae notatae inter extraftas inueniantur , numcrum om-
1 g 13 i ——= [T § 1 3 -
aium varietatum poffibilium fore ==[%]1. [‘m],_. qui nuw
merns.
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merns duplici modo ad aihilum redigetur , primo Qijice:
vti initio obfervavimus, £ fuerit A>wm, tum vero etiam

fi fuerit A2 k; binis oimirem his cafibus talis extradiio,

qualis .defideratur, locum plane habere nequait, Quare £
numerus chartarum notatarum 2 non firerit maior quam
humerus extractarom k£, nomerus omoium  cafuum poffi-
bilium, quibus omnes # chartac inter extra®tas occurrent,
vbi A = #», erit ) '

[=]. [;::lﬁ:[%}ﬁ;],‘ ob“-[%’f] — 71,

"8

§. 5x. Sin antem pumerug chartarum notatarum

# maior fuerit quam extradarum k, vltimus cafios erit
is, quo ommnes £ chartae extra®ae fimul erunt notatae ,
‘quamobrem hic fumi debet A=k, et numerus omnium
horum caftum poffibilium eric -

LRI IERI=02), ob [amn] = g,

§. 52. Quo omnes hos diuerfos cafiis clarjus an-
te oculos exponamus, fubiungamus -fequentem tabellam ,
cuius columna prior indicet, quot chartae norstas inter
extractas occurreré debeant, pofterior vero columna indi-
fal numerum omnium cafium , quibus hoc euenire poteft

O s - \;(’:hé_r@
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Chartarsm notatarum  jnter| Numerns omninm eafuum pof.
extraitas ocenrrentivm  nu-  fibilium ,  quibus hoc euenire
. merus : poteft
. e | I
[l el
X . [=5
2 [:1. =1
3 {#).45=54
4 1. =21
5 ==
2 #
N ot ,
in geners A _; 1:1.0:3]

quas formulas eo wyeque contingari oportet, donec suanes~
cant; atque hinc fponte Auit alia demonftratio theorema-
gum- fupra allatorum, ac praecipuae theorematis gengalls
§, g2 allati, quam hic euplnamus. :

| Demonitratio.
theorematis generalis §. 3. allati,

§. 33. Quodli numeros cafoum in tabula fuperio-
yis paragraphi affignatos €o vsque continuemnus, donec &=
vanefcant, e€osque omnes in voam fummam celligamus, -
prodibit numerus omnium plane cafuum , quibus yel nui-

1a chartarum notatarum 1nfer extradas reperielts, vel V-

nica taotum, vel duae, vel tres, vel quatuor, eic. vsque
| ' ad




=[5

m%—-;:-g )AIII’{ %‘_-c%ﬂ

ad finem; quae ergo fumma aequahs efle debebit numerg
omninm  varietatum, quae in % chareis extractis locum
habere poﬁant quem pumerum vidimus effe ={ 1} quo-

drea fi pommus
S=01. EaatiN =
erit 8 ={$].

UL G2+ 31 [ 4 e

Cj $4. Haec quidera (eries ab :i!a, quag in theg~
remate tractatar adhoc diffidet, verum facile ad hagne ﬂnn
mam reduci potelt ope noftri lemmaris L, quo erat P

quentem mduet formam :
S=[z]. e i P O Y £ == J
) == 1 4 et
quae ergo fumma erit .S_[~], vel etiam \;S;:.:[;:j“

§. 55 . Nunc vero feries in theoremate fuperior
fammata erat hagc:

S=01 5+ [ T4+ 2 ]+["] =1+ ete.
ad quam fmmam fmen hic' innettam reuacabxmas, f
Raruamus S—nTpers—n—k = ¢, vade litterae s etk
ita deserminantnr; vt fts=p-t-n 6t k— =p~q; gquo-
circa per ea; quac hic @ypofmmus fumma ferie; propo-

fitag erit § = ?’""’ , vel etiam Sc[i+mn , quam candem
g -+ n

Jummam huic fcnex in theoremate fupemou aflignanimuys,

SOLY-

=1 Ha HaCJmMMHQLQH%&a#ﬂ ies {uperi pemﬂc‘—
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