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§. 2. Iftud autem egregium - innentum .€0 magis
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formulaec cum inter fe debeant efle
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IX=Xldx et a¥X—YVigy,
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aequales, vtraque per
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§. 11. Nunc primas formulag differentiemus, fum-
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Quoniam igitur hijc poftremus valor duplo
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§. 13- St igitur propoﬁta.f‘uerit haec aequatio difs
ferentialis | N

S . S— — dz_,_...
djmibx 4=CE% et by.-}-c;y_fy
¢ins integraie completum ita erit expreflum?
(a—k-ﬂx—kcxx){a—k by—%cyy) —C

—  (#z—2)7
quae, vtringue addendo &
aa+~ﬁbtx+y) zncacj'-—{—-bb{x-q—y)’

L —ac¢, induet hanc formaims

. ) = -
QC'C:U(.'JC—’(-")‘ XYy AA,
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ficque, extracia radice, mtevrale haric forman habeblt,,
a_.t.-b{oc._g-y)—«z—cxy —
T— A v

bio eft implicifima, qua11doqu1dem tam ¥
delhlmP “gxprimi poteft , cuId it

e DS A-b)Y
A.—b—-‘-c'y

quae fine do

Pel X quam X PBI J
{A=DIXx—2 ¢

‘}’_'—"_A-iaﬂ._«uu..c et X —

§. 14, ‘Calculom , qu0 hic vl fumus, pelpen&entl
non vitra quadrata
§i enim ipfl X mfupcl tribuamus termi-

progredi licere.
erminum 47, PLO priore forma pmdn

num 4 x° €t ipi Yt
XYoo b c(x—’rfﬁ*d(“"’rxﬁ’*fﬁ’) 40>

—a—
——

=9
pro altera autemt forma -€ft
I | a - ady
XY =ab4 20(1.-—_}/)_;-od(xx—\ajj)_.dmt—%-dwi.
pare fi binc duplum pr rageedentis aufferamus, colligitur,
adx ddwy 2dg — .
- d.acat—Jr‘aydt - th d( J’)
quam aequationein non amphuq _integrare licet,

Facﬂc autem oftendi poteft s talem aequa-
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tadtum hic cafus pfoponeretur : =4y notum eft,

Hexd T g7 )
Vtringue iategrale partim logarithmos partim arcus circu-
lares inuoluere , ideoqne quantitates transcendentes diuer-
fos, quae nullo modo inter fe Comparari poffunt. Huius-
modi fcilicet tomparationes iis tantgm cafibus loeum ha-
bere poffunt, quando viringue vniys generis tantum‘quanﬂ-j
titates transcendentes occurrunt, '

Anal y iis, “
. Pro_integratione aequationis -
dx : dy =~ - .

Art-2bx e — O._

a—i-lzb_yq.c_yy
§- 16. Quod fi hic vt ante ponamus

BV X (hm girns e dy e —J .

oy F g =di, ﬂ-atm debebit FETa Ty —=—dr
at véro fi calcalum fimili’ modo quo ante inftituere veli
mus, nihil plane proficimys. Poftquam autem. omnes diffi-
cultates probe perpendifiem, tandem in artificium incidi,
quo hunc cafum expedire licuit, ita vt hinc'non coiitem-
Bendum  incrementum: Inethodo Grangignae attnliffe mihi

Videar: ‘ : o

§. 1. Quoniam  igityr has duas Hhabeo aequa-
komes: $2 o= X et P2 ==Y, hinc formo. iftam nounam
aquationem: o | ‘ '

dakdly Ly Ly
dt m.};X K xY. . ; ) ;‘

Iam facio xy — 4 vt habeam

o ST (k) rxy (x ~9)s

Yade pofito 0 TS -

) X—y=g erit 3{‘:: gi(“c"zt-—.a)',.-_' B |
D oa . quae




wiil ) 28 ( el

quae aequatio per 4 —a dinifa duttaque in ¢ pracbet

. edy __—y hocque modo nacti - ﬁunus dlfferentlale
dttce—al 7
1oga11t11m1cum

§. 8. Dein vero aequanones pnnapales vt ante

'dlﬁ"ercntlemus, et obt1ncb1mus

ddx — yi ddy — - 1
dldx""‘x et dtdy Y

quae inuicem additae dant
K ddx+ddy) X! ‘Yf'"""'cq;

dt\: dx ‘ .
quare fi hinc duplum praecedcntls aequationis fubtraha~
mus, remanebit o
1 (ddx dd!_ scdu ):o’

dt ax cu—a

vnde per 47 mulnphcando et integrando nancifcimur
ldx+ldy—=21(¢ s u—a)=1C, ideogue 2222 = Cdi*,

fcueea)? —
Cum igitur fit dx =X dr et dy—=— Y 44, aequatio in-
tegralis “noftra erit — (c:‘_‘f”, = C

§. 19. Per hanc €rgo analyﬁn dedu&i fumus ad

. hane aequationem integralem acquationis propofitae:

{a—d2bxg-cxx} (aga2by—cyy)] — C
tﬂ—-cw}')‘

guae aequatio, fi vtrinque vnitas {'ubtrahatur, reducitur ad
hanc formam: -

4qb(m+y)+ac(x+y)’++bbx_'y+=bcx_ry{ }—C
(e——cxy)* M

§. 20. Tluflremus hauc mtegratxonem exemplo,
ponendo a="1, b—o et ¢—1, itavt propoﬁta fit haec

dx dy
aequatio differentialis: T —+ 553, = 9> cuius integrale

nouimus efle A tang. ¥ - A tang. y = A tang. - 2*2.-C,
ﬁcque
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ficque nouimus effe =5y =C. At vero noftra pqﬁrc;

ma formula dat pro hoc cafis

Axty)3 ac—l-y —_—
iy — C ideoque = =C

quod egregie conuenit,

§. 2r. Confideremus etiam cafum , quo a”—I ,
b—:et c—=1, ita vt Proponatur haec aequatm: ‘

d 2 ' dy o
Sy i+yioy — 9>
cuius integrale eft :
o v —
ﬂﬁang + 7 A tang. : Vs C )

vnde fequitur fore
t(x-i-y—&-xy)\/: —_ ©
Atang. Jftakmire —@, o
Xy 2y -
ideoque etiam et =C. At vero f‘orma integra=
lis inuenta pro hoc cafy dabit )
=+w+fx+y)’+xy+xy(x+y)-nc R ’
(:-—---;\:;31)2 -
quae in factores refoluta dat

Sl a2y ) (v ny) C S .
IEESr T - ' .

Prior vero aequatio o
T — O inwerfa praebet ""‘”*5"” =

=+x+_y——x_'y y-{-xy .
Timiy n
et vnitate fubtra@a 535 =C, atque haec in praece-
dentem du®a dat ’l'*‘_x:';’ =C.

§ 22, Videamus igitur, vtrum haec poﬁenows

.aeqnanones inter {e conueniant, et quia conftantes vtrin-
que inter fe difcrepare poﬂ‘unt, ambas acquationes ita re-

feramus -

T—xy =+x+y —.
"‘f'..’}"i"x.?-'_'q' et 1ezy p”

D g | . yade
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ynde cwx fit @:’E:‘*‘J__i_%i-, enidens eft fore g — 5 =Ty éx
1o pulcherrimus confenfus inter ambas formulas elutet.
Ex his exemplis, intelligitur aequationem. generalem ‘fupra
inuentam. boc modo per fadtores repraefentari poffe:.
(ahpo ey )) (a(z£9)ckoaol

formularum haid iniucundas

: T {a—cxy)?
Ceterum confideratio harnm
fpeculationes {fuppeditare potetit. ©
§. 23. Sequenti autem modo forma ila integfas

lis inuenta: _ .
. (=b+c{x+w))_(ﬁ(_’°i2)_t1_b_”_ﬁ:c

‘ (a-—cxy)’-
flatim ad formam fimplicifimam reduci.

eius fadtores fratuamius

poteft; fi enim .

a(m+5x1+szry — Q

shc () — P et
q—CXYy — . G——CEY

vt effe debcat P Q=76 erit’
_ _ eab—mzboxy — —_ap—2b
aP—c Q=" — 25 :vnde;ﬁt Q.,. 2
ficque quantitati conftanti aequari debet hagc forma: LEE=5T,
ex quo pateh etiam ipfam quantitatem P conftanti aequati

. debere, ita vt iam aequatio noftra integralis fit
sbie(x4y) — O, Ve L akAey)abEy — O
et — €, veletlam =F=75,— 2y = C.

Alia {olutio facillima eiusdem aequationis
dx iy —_
ﬂ—i—‘aba.—g—c_::cx%r_ Gt ey T O
g 84, Poftrema reduétione probe perper:id,
perui, ftatim ab initio ad formam integralis fimplizifhmam
peraenirt pofle, atgue. adeo pon necefle efle ad differentid-
lia fecunda afcendere. Si emym vt ante ponam'._;s-_x—H'  :

com-
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=P x—y=g et ¥y =u, ex formulis
=X et .y '

ftatim deducimns |
H=X—=Y=2bg1-cpg, vnde fir » =gdt

atp

zb'i-cp_‘

. §- 25. Porro vero erijr . '
B R dad-xdy __ dy _ . —
8 L xar D’__ﬂ_yX-—-xY_,-,.—-ag—{l—cgu,.

vide fit cf_’iﬂ: gdt, quam ob rem hine ﬁatim ._'colligf-
mus hanc aequationem: 42 —

| Sohp — °ﬁ?’ cmus iqregpatioqgi*asr
bet-Iadmerpy=—= Hed—a)4-JC; ynde deducitng
haec aequatiobalgebraica: Lrir—(, quae, reftitutis lreris
tore(x+y) v
X et J’, da.t m:&—v— p— C

aequationis integralis defideratae, Hic

dignum' occurrit, quod cafym Primum hac ratione refol-
VEre non licet, ' S : B

§. 26. Ex forma autem integrali iniénsy facile
aliae derivantur, velut g addamus 2f orietur hace forma
ﬂi;;—a%‘%iﬂl: C, quae per pra_c_cc;iqntem divifr denuo

. : *1s : —2btefx4iy) —_ X
Bouam formam fupp't::dlta-t, feilicet: _ (x+y]+:5z5 — C, quae
formae quomodo fafisfaciant Opcrae pretium erit oftendiffe,

" Et quidem poftrema forma, differentiata, erit

: —:-:'ab‘(—d;i:—!—-dyj--‘_--t.b.?:'(yd'x—i-.'gcbi'y);_.

: :Ecrdyydx-p..m&dy)

N O XYL LY )L
quae in ordine.m_reda&a pragber ,
‘3"‘(2-“5"’74‘5&-147!'.25;”?1)’1*@'3’62.'=625—}'-.4é*é-x-}rn-'érxx}:@b}
Hacc per 24 dinifa et feparata das : T

d x ~.dy C—
a+2b.x—i_cm"5c‘+a+zb_y+cy_y""“ Q "

Quae eft ipfa propofita
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Imprimis notaty
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Videbimus autem, pro methodo, qua hic
litteris D et E affectos ‘omitti -debere. _Sumtis ergo quas

-33 ) 82 { el
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Pro integratione. acquationis
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VA FBeFCra) — V(A+By+ Cy

§. 27. Introducto - nono elemento dt, deinceps
pro conftanti habendo, oriuntur hae .duae aequationes:

dx dy .
&—t-._._‘VX Ct.d—i__VY, o ‘

vbi literis X et Y valores initio affignatos . tribnamus.

: vtemur, terminos

dratis erit
ez X et $N=Y

R 12

=

§. 8. Nunc iftas formulas differentiemus, pofito-
‘que, vt fieti folet, dX = Xidx et dY=Y'dy nancifce-

mur has acquationes: | .
‘sddxe — YW addz._._ ] '
att = X' et n =Y,

ac pofito x -y —p fiet :ddp — X! Y, *Cum fam fie
X' —B3-2Cx-+3Dxx+4EX et
Yvi—Ba2aCy-3Dyy-+4Ey" erit’
XY —2B42Cp4 3D (xx-4-35)
L 4B (x40 ) =5

quae aequatio manifefto integrationem “admittet , fi fuerit

ete D—o et E—o, quem‘admoduin affunfimus. Multi- -§

plicando igitur per 4p et integrando nancifcimur -
i —a+2Bp-Cpp

¢t radicem extrahendo- .
L=V (@a-+42Bp--Cpp--
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Cum fgitur fit 2=V Xy Y, aequatio itl,tegre;lis, QUam
fumus adepti, erit ‘

VXA+VY=V (a4, B (*45) 4+ C (x+5)),
quae adeo eft algeb‘raica; vbi notetur effp

X=A4+Br4Cxy e Y:;‘A—}-‘Bj'-i-Cyj'._

§ 29. Sumamus igitur quadrata, et nofira ae-.
quatio integralis eri

2 A +B(x+) - C(x’—!—;u*) + 2VXY

, = A F2B{rty) = Clr g 7V, five.

- 2A-—-B(x+j)—2ij'—+~ 2V XY=a

_ tjuae Penitus ab irrationalitate Iibcrata, pofitoa —z A=T
Pracbebit -

+XY:+AA++AB(x+J)'++AC(N+M)
+4BBxy 4 4BCyy (*+7) +-4CCuxxyy
::I“+2'I‘B(x+y) +4.I‘Cx_y+BB’(x—j—y)‘

. e +BCxJ'(x+Jf)++CCxxM -
e :

(4AA—T) 4 2B A

L) (*+5)+ 4(BB=r C)xy
+4.AC(xx+yj{) | a

~ B (x +yP =o.

§. 80. Quo

cum formula canonip

d fi iam hanc aequationem
dntegrarioﬁes €Xpedie

2, fQua olim fum vius ad

ndas, comparemus » Quae e

rat
@+ 28 (x-}—y) + fy‘(.rx._-l-y‘y)—l-zb‘xy:o,
dum feilicet Joco

_ (¥ +) feribamus (x & 4y N+z2xy,
Tcperiemus fope . s -
A=4AA T ﬁ:B(;A;PJ;'}/:q-A'G"B’i
' S=BB-—, rcC. c |
‘dta dead Imp, Se. Tom, 11, Pl

rationalem
huinsmodi
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nem differentialem prope

ducend

vbi iterum Ppa
vt integratio,
plaleidey erit intege

: "‘P%ﬁ %' ) r3l 4_ ( %'.sg«-

sdo- eandem acquatios

* - “Atio "vero infuper M “aequ
fitam integrare poterimus,. Hro-

g -tumy enim habebimus

§ ' 3’1

o literam ¢g=% 7"
2440 — XY, At vero erit.
XX —=2Cqg+3D7 (o) :

tet fatni debere tam D—o quam - B =0,
multipticando pet 44> ficcedat. Hoc: autem

e 4% = Conft +C g g, ideoque

quat

¥hi

do

integral
gnde it L _ o

s VXY —=2A=-2+B (x4 + 2€ XFy
veuta ‘proxfus BOn diferep

jntegralia ante

‘haberi hanc aequationt

Tdq =vpaaCrg . _—
20 =V X—vY, hoe

§;; sz Cum jgitur fit
e itz erit expreffums
VX —-¥YY =V Cqq}

aequatio. fumtis qna&fatis"abiit"ifnhanc: ‘ b
s A4+B O iy —2¥ XY
—n 4 Cla—y) fiue | o 4

s BB (xt2) mny—-zT/XY_::A I B

s A — & — — F aequatio ab ante in- .F

a tl.

N

i pon:_a.-ruif'

Quod fi antem: propofita’ fuiffet agquatio
+ &y — .

FEFByHCo R —
d Hunc cafum referentur
patet pro{

§. as-

\A hFBEx=C2 2y

nuenta
feribatur — ¥ Y vnde
% 10 ’

e ok 2B () C ()

0?‘
, fi mo-
hoc. cafu

¥

el

toco V' ¥
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vel . etiam C .
VX 4+vVY =V (A -}‘-,Cl.fwﬂf){,}‘}f

§.-34. Hic fingularis cafus occﬁrrit, quande for-
mulae A -+~Bx 4~ Cxx funt Quadrata. Sit enim
X=la-4-bx)\ et Y= a3y idengue
A:a‘,B:zab,C::-bﬁ; :
tum enim prior forma integralis erit .
Plr—0) =V(Ataab(xty) 53 (x 4
{umtisque guadratis e o
—4bbxy—A ~t 4 ad(x+y), ideogue |
A=g [x+y) +bxy ' SR
cuins aequationis differentiale eft C
aldx a’_}/)ﬂ-{—b (xdy +ydx) = o ideoqus
dx{a—+bly) 4-dy (aA—}—.lrx)::o.- :
Sin autem altera formula vtator, erit
G 223-b x4+ =V (A5 {x—3"
vnde quadratis fumtis, pofitoque A — 4 ag =TI prodif
Yeante T —a(x-+y) by, '

Analyf{is
Pro integranda aequatione - ‘

YXx Ty

 exiftente X=A4+BrCxx-1-Dy +E_—.tf"
¥ M Y=A 4+ By4 Cryge Dy - Byt |
ai E a o §. 35




jdeoque fumtis, quadratis,

-ﬁa,tuamus xA-pI=p et F y__.g, ¢t quia hine prodit-

it ) 36( §e3em

§. 33 Introdué’co iteram ctcmento dz, 'it ﬁt‘
‘“‘——VXct”'“"T’Y

it

gm=Xa =Y.

d’x’ — dy’ — dgdq, erit, o

241 = X~ Y =B -2} + € — )
+Dx-—-,y)+E(x —J”) -

-5 35 QUOﬁi'am'l‘gl‘turi e{ﬁ
his, Val@rlbus 1n1.r0du&1; repemet'ur o
X—Y=Bg+C€pre+De (SM-*—H)

, - 1Epg (pP¥ Y
vnde: per- ¢ dividendo: oritur - - -
dpdg —

HE= B CP+ D (@pﬁ*fﬂ24ﬂqj, +qu (#3414 Q)

§ 57 Nunc etiam fbrmuias quadl,atas primo: .'gix-
hibitas: differentiemus.,, et. ftatnendo V& antel "
AX=X'dx et dX == Y’dy Irabebimus-

R “"U’ — ¥, hincque ‘addendo
—’{:—t‘i—e"“—X‘-—}-Y‘ Cum, vero fit,
X'=B42 Cx+3Drx+4.Ex et
Y‘-"B+2Cy+sDyy++Ey '

erit Xbr Y= 2B+ 2Cp-+ fD_(fP—i—‘qq) +Ep (pﬁ+aqq).

ita B 1




ita vt fubfituto hoe valore fiar |
LR =By cy, FID (Pt gg) 41 EP(MJ-H MJ
a qﬂa acquanone {t Pmu:em %%_‘.:__ ﬁabnahamus, rémas-
nebit fequens

L dsd — T
iid:f - qimq"‘ D?? -{-Fpga

!
)

ducit lﬁam .

_r @iy #pdg s
T (72—_ T_ H+FP‘

(3 38, Hacc; iam- acq“uano pe‘r g g diﬁi:iffa. pros

quae du@a in 2 4 P manifefto: fic mrcgrabﬂié © prodit enimy,

L q"—;’a-;—ﬁ_ S L 4

eX. qua. radu:e cxtrac'ta eolligizup::
qdr =V (o Jﬂ”DP“E‘EFPj.:‘L

€um igitur pofierimus '

P =x -y ergh_'r——jﬁ erm‘”’——‘VX'-}JVY

4 vade: refultat. linee acquatior integralis algebrajca s

I S V(a 4D () + E (x +))

4 quae eff pra forma. aly n]Iuﬁ"n la: Grange invents,,

. §. 20 Eu@luamus vltemus hane: f‘oz:mam, acfum-
tis: quadraus erit

x+v+quv

G—p—— = A& 4 Di(x ) —!- E (r + 5%
Eft vero-

X4Y¥ — A+B(x—,—y)—i—C(x{r+JU)

-!—D(x’—l-j) -4—~E( —H’)
vade- fi auferamus

¥ (D (x4 5) +F +27) (v~

@&  remanebit

FA+B (x4 ) ~I—C(x’ +J) +l’m (x-w)

i SR - 2Exxyy, | ~
of 0 R
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e ) 38 Silem

quo fubftituto aequatio integriali-S'-e_L;it SRR
g Ak B(z ok O “*‘_“ﬂ_l_":?i._!_&"_té’_l_‘*.‘__f_i_;&_ﬂ‘_-l’ /XY — A

&=

‘ §. 40°- Haec aequatio aliquanto concinnior reddi
poteft fubtratiendo yrinque C et fatuendo & — c= 1: ha- 2

_ pebitur enim hoc, facto . o |
.2 A+ B(x+y)+ﬂﬂxb'd"9¢y(nﬂ+y]+1]232xyy-}-:-vx_*_!_.:-_r
2Ad DRSO INEETIch /e ._

(x -—-_’y}

vnde deducimus o ' -
2YXY=T (p—gy —aA—Blx wy)—2Cxr K

—Dxy (¥ — 2Exxy)

. fine pomendo | B D
zA+B{x+j)+zC-xy+Dx_y(x+y)+zEx‘xyj:V

aequatio poftra erit . o ,
2 VXY =T (x— ) —V, quae fumtis quadratis

- abit in hane: } S N
,,4.XY::.I" (x—3)f—2T Vi(x —g)y 4+ V.V fige

g {-“XY-—~VV :—"1‘:.’(-’?.—-,7)" -"2["'V(x,'--_y)'.

§. 4%. Fafta aunc . {fubftitutione erit A

LXY ma b A B (x ) ++AC (¢x+yn) §
-4 AD (F ) 4 AE (x+7) +4+BBxy §

- 4 4BCxJ (x+y) + 4B Dxy (xx+y2). §°

4 4BEss(® 1yt 4 CCxxIS R T

++CD'x.xM(x+J)+&C Exxyy (xx+3)) & |
44D DXY A4 DExy (¥ +3).

-—}‘4-EEx"j‘. BN o :

At vero porro colligitur fore , B |

VV=4hA T4 AB )+ B ACx)k

44 AD x>y (a‘t“lf_y) 4+ 8AE xxyy -+ BB (¥+7) §

TUTTT O aaB g

b - ¢




) a9 ( Sz

"+ 4B Cuxy (x+y) +-2B Dxy (v + ) |
FaBE ) xxyy 4 CCH .
w2 C D (x ~+7) XXryy —4 8 CE'x’JJ? '

D Dxxyy ) L DR I (x 4.9)
~+4E E x* 5 o |

E ~ §-42- Quod fi jam pofteriorem formuylam a pri-
ore fubtrahamus et fing

ulos terminos ordine analogos djs-
- ponamus, reperiemuys: | :

XY -V V=sAC WA D oty g
T AE (¥ ) (¥ —3) —B* ()
CTEEBDs (e — ) A BE k(o +I) (x—y)
¥ o 4 CExxyy (2 —g)* -DDx'x;gry (v—ygp
- quae expreffio facoren habet communem (e~ gy, pet
quent ergo fi. dinidamys C aequatig-

‘nem concinnioreyy: : _ o
4A€C+42AD (*+$)+ 4L AE (*+77—-BB

-+ 2BD~U’++BE-"'J’ (x—{—y}—!—('q;CE ‘

| §. 43, Transferamug nunc omnes termings ad
Ppartem ﬁni'ﬁraz_n et loco {(x-+y) feribamus (xx - J¥) +2xy,

- Rim. vero (x4 +I¥) —2 %y loco (x=z), quo facto talis
OTILUr acquatio meae canonicae refpondens: '

o §¥A C+4'AD(x+y)++AE(x’%FJJ’)+2BD«U'++BE@(x—w’)-i—z{uCEx-t'Jj’ |
= »»BB—J:—zI‘C- (x4y)—T'T (x’+_y=)+ SAE-X'}+2FD;1‘J!(X+}');”D Daxyy
+4rA - +eltyy TN +4TExxyy

. +4lCx -

' 844
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Hinc ergo Pro aequatione canonica lite-
, §,etc. per latinas A,B, C, D, E,
do Jdeterminantut s

& 44
yac graecae &y B, v
yna CUm conftante T’ {gquenti mo

_a$+AC+wFA—BB ;|
g = 2AD 4+TB : E 3
fy::.'q.AE——I_‘T I ‘
Y BD +4AE T 2T C R T
PZoEE TP -
ZC:+CE%%$E~DD | = ;
ita ¥t aequatio canosica, qua olim-fum vus, Gt - ;
“+2ﬁﬁ+ﬁ—%v@x+yﬁ—kz%wf F
4-2:X) (x+y)+:xxyyzo. | N | |

§. 45- Haec -auntem, aequatio integralis ad ratic- g,
nalitatem pcrdu&a latius patet quam | aequatio .PYOPOﬁF?} f
differentialis 5% ~— % — o fimul enim - €Of plectitur &
integrale “huius: 4%+ iy = o Seilicet haec. aequatio’* i
complectitur duos fagores 5 quorum alreruter 2 4
tisfacit. BX genefi autem patet  had i 1
roduGum ex his fatoribus: "A (x— 37 v oyeV XY, B
et A-(x—-yj’——V—-zVXY. s 3

blernanimus, cinsdem acquatio- §
do exhiberi pofle: B
racc.) exiftente i

~ §..46. Supra 1am 4
nis-differentialis integrale hoc quogue MO
A YeNYE o ; : P
A C l(.lVldel §. 8. €t P

.M:%A'%—B(Bx-’ry) 42 Clxx+xd)
'—+Dxxw+w%++Efx~ X

N:+A+Bm1+ﬂr+201w+ﬁ
e Dyypra¥) 44 BxY .




85 ) ax (e

vbi notaflfe iuuabit effe .
M+N=8A +4B(x4y) +2 Clx4yp
+D x4+ 4+-4Exy (* x-+yy)
M—N=z2B(x—y) 42 C(x+y) (x—2)
+Dx—y) (FFaxptp) -

. haBxy x4y (x—y) .
Interim tamen haud facile intelligitur, quomodo haec fog-
ma cum ante inuenta confentiat, dpm ‘tamen de confen-
fu certi efie poflumus,

§- 47. Ex fis, quae hactenus funt allata, fatis_fi-

Ll S N

A o e

~quet, eandeém aequationem integralem innnmeris modis

exhiberi pofle, prout conftans arbitraria alio atque alio
modo repracfentatur; vnde plurimum intererit certam le-
gem ftabilire, fecundum quam quonis caft conflantem il-
lam arbitrariam exprimere velimuys, Hunc in finem ifty
regula obferuetur: vt perpetuo integralia ita capiantnr,
vt pofito y =o fiat x =k, hincque fecnndum legem com-
pofitionis X =K, exiftente : '

K= -AA4+BE+Chi ~+ D i+ E g+

Hac enim lege obferpata omania integralia, vtcunque diver-

fa videantur, ad perfeQum confenfum perduci poterunt,
Hoc igitur modo quae ha&enus inuenimus fequentibusg

“Theorematibus completamuyr,

Theorema 1.
5. 48. Si haec aequatio differentialis

—_——y — 0O,

ﬂ+bx+cxac Ity dcyy _ ) .
1fa Integretur, yt pofito y = o fiar ¥ =k, integrale ifa fp
habebit : | "

zedblxd g, EXY .. 2.0k

x—
Aia dead. Imp. Se. Tom. II. P,

—_—
L]
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Theorema II

§. 40. Si haec aequatio differentialis

S dax o4y ’

a+bx+cxs=,-+ Gy 4cyy

ita mtegrctm, vt pofito y =0© fiat x =k, integrale fupra . §
tripha modo eft inuentum; erit enim: . ;

1 bic(x4+y — _. bAck . ' .
b c\E I phi®. ' |

— 0O

cxy—¢u o

ﬂ(x+'}’)-+-bmy —_— B
II cx'y—-—a - I"
111 btc (249 — b+c¥z

» —— — " .
: Mm-i—y);i—i;_y ~ "ok _ K §

Them ema III

§. 's0. Si haec acquatio differentialis :
y :

_ o dx 4y . =G
V(A—.—Bx—a—Cmc) JGA+By-+ Cyyl

ita imtegretur, vt pofito ¥ = © gat x =k, integrale erit
——B(r—i«y)——z(‘vy-i»«M/(A+Bx-’rCax)
v (A+By+Cyy= S
—Bk+2VA(A+BL+CLk) fiue
B(k——-x-—_y)—-—:szy"zVA(AJ;-Bk-Jerk
‘--21/(A+Bx+va) (A—}-By»—}—C_yy)

\

Corollarium. !

§. s1. Hinc ergo patet, i au.quatlo d1ﬁ'erent1ahs

propoﬁta, fuerit 1ﬁa '
| d

—_ 3

mi - vuﬁﬁyy!—cw) ,
- ;aque integretur jta, vt pofito ¥ = © fiat x =k, integrale §
ore
B(k—x—3) —2ny—-21/(A+Bx+Cxx)
V(A+By+0yy) -—2VA(A+BL—}—Ckk) ]
Theo- §
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Theorema IV.
§. 52.  Si pofito br, gr.

X = A.—;—Bx—I—Cxx-]-Dx’—];Ex“
Y=ZA+By+Cyy +Dy* +E g
ZA+Bk+ Chkk +Dk 1 E & K )
haec proponetur aequatio differentialis: 2 _ 4y _ o,
' quae ita integrari debeat, vt

Y ' f
pofito. y=o fiat ¥ =, eius f
integrale ita erit expreflim: - |
2A+EBEx+9) +2Cxy HDxvle g )t Exxyy G2y XY B . ) i L
, L fm Ay T T e e T ' . /
ZA+Bh+2yAK _ o X
Y y

Sin autem aequatio propofita fuerit

: . 4

dx dy . ; : . . : : - .

v = 7% = 0, eius integrale e;lt -

=A+B(x+y)+szy~i—Dm ‘
24D

A+ Bk — o yah . ) "y
ik ' ) ’

Corollarium L

§.58. Quod fi hic ponamus D=0 et E
fus oritur Theorematis tertii, pro acquatione
dx —_— “___d_y___ - 0
G VYA+BedCxx VA+By-+Chy T
cuins ergo integrale hinc erjt
=A+Brx+_fy)+=Cmy+zvrA+Bx+cmx
(o0 — ny2
A+ Bh4+ay 4 fA'FB]E"I-Ckk)
kR ?

§  quae forma fi cnm fuperi
nales eliminari poterunt.

=0, cas

J(A+By+Cg'_z_,"_.

ori comparetur, formulae irratio-
Quoniam enim ex priore eft

2VXY=2VA (At Bit CRE)~B(k-x-3)+2Cxy

- erit




: s ) 44 (e
S erit hoc integrale ‘poﬁrer’mr‘n
L pAB (s a2y =N ++C_x.w+_e,vmmﬁ£, e B
N I - (= — ) ‘ - IR
: B ' maes_‘x—i-wlgm+3k‘+crak)
ﬂ “yiide ftatim deduoci poteft aequatio canonica ' £
!g;ﬁ! S a+zg3(x+y)+y(xx+yy)+szy:o,_ |
o - Corollarium II. R
M g 34 Ponamus nuic effe Azo et B—o,vtft |
ﬁ ‘ ' X=xx (C +Dx+Exbéj_'é£"Y:’ijf}' "(*G+D;j'~+Ey;/,) ¥
et K:kk(C+ka+Ekk)' | ‘
agquatio differentialis integranda fiet
dx- — Cody o
£V {C+Dx+ 555 YDy +EYD =0 L !
cuius ergo: integrale erit o |
y) 2 29Y (Cote D 0 E x ) (C+Dy-+EYY) — A i

gy(zC Dty A=t EX YT
' (% — 5%

atque hic conftantem A per b definire no licebit: po- B
{itio enim ¥y = © incongrutim iam inuolnit.  Interim ta-
_men et hacc integtatio oraxime eft memoraty digna. .

. Corollarinm 1IL.
§. 55 Quod {i antem in hac pofirema integratio- §

y fcribamus Loet 5 primo aequatio diffe- §

ne loco x €t

i rentialis erit
____.Eg’___..___..______é_f_.__.__ —_0
b o TCyy+Dy+E. VCxxADx+E) ?

. um vero integrale fequentem induet formam:
)+2E+¢V(C_x:c-_}-,__l?x+E){C‘yy—!—Dy-—l—E}_.:_A

' acmy+D (x4
Ty — = ]

N Dk+,E+=~/E(cnk+Dk+E).'
— " h&k — :

st




w52 ) i [ el

Si igitar hic loco literaruny E,D, C, feribamus Ay B, C,
prodibit aequatio differentialis fupra tra@ata
d — d x —
, Yie+Ba+Cax) v(q_—hﬁy‘—f—c;"q)"_'
Clius " ergo integrale erit o .
A+ B(atvy) desCaytzy (A-Bro-Cxx) (A4-Byd=Cyy) on
' @ —oP T ~
BldzA29YA (M4 Bka-Chi
Y T

quac egregie conuenit cum ea in Coroll, 1, data,

- - Corollarivm IV--

formula A +- By 4 Caw +D ¥ -+ E ¢ fit quadratum,
quod fit (¢4 x ¢ x x)%s ita vt iam habeamus

tum vero ) -
VX=a4bytoxs VY=at+by+-cyy,
VKza+bkackk . - |
atque aequatio differentialis pro priore cafu erie
B ”"a‘-f;‘b';i'c}; = 03
cuius €rgo integrale erit T
(taa+2ab (x+y)+2'(55,—-}-za"c)xy-{—‘zé-cxy(x-]—y)
d2ecxxyy A 2(atbxdcxx) ({@+by+cyy)):
(x "“J’)z_ =4 T .
quae reducitur ad

aa-—]—rxb(x-—-l-y]-pfb?j-—!—qc)my-l—bc.acy
& — P

4
§. 56. Contemplemur nunc . etiam cafim, qus }
i
A=zaa, B=24b, Cobbdane; D=2po, E=¢c, *%
il

(B eexnyy —

| ek Quod fi jam virinque addamus 1 5 5,
prodibit | S
(atibledy) vows) =(aqrpy
F—gr £ |
F 3 ' vnde
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vnde extrala radice obtinetur forma integralis in theore-
mate primo affignata. - . & ‘ :

.§. 57. Sin autem hoc modo alterum cafum ae-

guationis : _
[ X T S . S—
Trbx+eax | a-roy+oyy -

enoluere velimus , pernenimus ad hanc aequationem:
zrae—i-‘-zqﬁ-(;'_“_y)—}-‘-g!bb--}-—zac) acy—}—:bc‘x_z(‘:_‘c__—:}_—_z)i—_zccxﬂcﬂ

‘ (x — ) .
_ z[a'-;_—b;_-{—cxm){a—‘l—by'—l—-cg_.ﬂj) — A,

= ,,(-.,___j.ﬂz T

quae euoluta pracbet A=—22a¢, “haecque “aequatio” mani
fefto eft abfurda, et nihil circa integrale quaefitum decla-
0 rat ,  cuius rationem maximi momenti erit perfcrutari.

’ - “*Infigne Paradoxon.

. §. 58. Cum huius aequationis differentialis
d dy —— o~ ' -
e |

integtale in genere inuentum.fit

24 —+—B(x_.—l—w)“_—1—szw+ny(sc+y)+zExacy'fv—'-'zVXY — A
(x — 2)* ' ' -

cafu autem, quo ftatujcur
VX —atbxtexx etV Y—a-tby+cry
aequatio abfurda inde oriatur, quaeritur- enodatio huius
infignis difficulratis ac praecipue modus, hinc verum inte-
gralis valorem inueftigandi. ' -

Enodatio Paradoxi.
§. 59. Quemadmodum fcilicet in Analyfi eiusmo-
di formulae occurrere folent, quae certis cafibus indetef-
minatae atque adeo nihil plane fignificare videntur: ita
! o | hic

2 ke i e




fii j. “”%‘% ) 4-7 ( %:E%ﬂn

hic' fimile quid vfu wenit,
que ad fractionem, cujns n
cuanefcunt, neque ad diffe
veniatur,, quod exemplum
N quod non memini , ﬁmilem_

fed longe alio modo, cum ne-
Umerator et denominator fimyl
rentiam inter duo infinita per-

©0 magis eft notatn dignuin ,
cafum mihj vaquam fe obtu-

2 life. Iftnd fingulare phaenomenon 1g Dimiram exerit ,
quando ambae formulae X et Y enadung quadrata, ad
quod ergo refoluendum ad fimile artificium rec'urri. Opox=~
8 tet, quo formulae X et 'Y nop ipfis quadratis aeguales fed
ab iis inﬁni,r.:e;pawmad:iferfpareﬁiTuniuiit’irlr.

§. 60. Statuamus igitur

X:(a+bx+cxx)‘+o¢ et Y.‘::_:(a—}—by-{—_cyj)’—;-a,
ita vt pro litteris Matusculis A, B, C, D,E, fiat A
—2ab, C:zac—-}—bé, D —

‘ 2éc,E::cc, vbi o

- denotat quantitatemn Infinite Paruam, deinceps njhjjo aequa-~

lem ponendam. Hine €r80 fi br. gr. ponamys |

a a4-bx—+cxx—R et a+by—{—-c‘yy:8 erit

— . — a

VX__R——}—aﬁ et VY__..S+-=—§.

3 §- 6x. Nunc igitur confideremus forman integra~

2 lis primo inuentam, quae erac I
VXYY __ o ‘ ' 1 ey

_7:5*-~V(4+D(x+J’J+E(x+J’-}’)'

Pro qua igityy habebimns o a S

VX—-VY::R-—-S——E‘—E‘T—*S_Q.

o Quia vero hic ey . '

%

R—-S:b(x—-fy)-{—o(xx-—.yy) fiet a]-c{—__"‘;;-:li-g—c(x—!—y).
At pofito br, g, ¥+ =p eit —Ef_—ﬁ::la——]—ap, vnde

| 7 S - atqua=
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aequatio noftra erit’ | _ A
(b4 - /"_'_'—"_'_"_'_'—"'__N
by o p— R = A abep-ePP

§. 62. Qumantur nunc yringue quadrata €t ae-
gquatio noftra fequentem induet formam: b~ 2 (byep Jig=t-X
Alteriores {cilicet pote{’cates ipfins & hic vbique praeter-
mitcuntur.  Hic ergo ratio nofiri Paradoxi masifefto in

oculos incidit quia pofito o= O Ornr bh=n) ynde ,
-yt A haneat -gonﬁaﬂﬁ'_.arbi-!:r.aria,, euidens eft, differentiam

inter b b et & etiam infinite p’ajfuam—ﬁawi,debere; quan

obrem ponamus A—bb—al, ac obtinebitur ita aequa-
tio penitus determinata EEFL =T fing |

, (b+c(x+,ﬂ)*:1‘(a+ﬁx+mx’)(a+by'+w3

quae forma non mulenm diferepat a formnla fupra jnuenta.

§. 63. Haec qu.i.dcm'fbi'ma magis eft complicata
quam _folutiones §§ =4 et feqq innentae: Sequenti anten

artificio ad formam Gimplicifiman redig) poterjt.  Com
haec fradtio (E"ﬁ’;?? debeat efle qnan_-.titas conftans ; {it
ea — F, vt effe debeat F(cp~+b)’:RS., et guemad-

modum hic pofuimus X - g = p, pONATUIS porro Xy =1

- fietque: .

RS—ga-tabptal (pp—~2t) A bhudboputecsl
atque aequatio iam fccundum potefiates. ipfius. P difpofita
erit : - :
: F(cp+b)*zacpp+abp+aa

' -bepu-i-bbu
 —2068
LAY

b
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vbi primo- vtrinque dividamuy, quatenus “fieri- poteft, per
£p -5, ac reperietyr
s CREB)=apogypemeys
A, - L) o . . o PP
Ditidainus aunc POITO- per ¢p 4, quatenus fer potett,
ac fiet bl iay o i
_-__g_r.____’_ ﬂ-—-—cu_‘ (d—-—cu)a

F= e ¢ (cpp) +(Ep~+_£:_}_='

'§. 64. Hac forma Inventa, £ flatuamis
K E—;'—_'_g:‘v,' erit F:i_—:“'-V-i‘—VV.

c

F,7,*;E;uim&igimrﬁ;iﬁa%e:xthfﬁio ‘acquari debear quantitati cons

flanti, -euidens: eft ipfam Quantitatem V' conflantem eff

debere, ita ve jam woftrum integrale redutum fic ad hane
formam: _ :
q=——Ccu — [ e

i R :
23 e ebrE e tam == Conf.
Subtrahamus virinque £

fetque 22xtoaqy)
q e+ o2 = Conft,

E{ﬁ‘a%fg}rﬁjajper priorem divifa producit hane:

,E‘_{_",“F)’)-l—cxy —_ -
. Tezyo -2 == Conft.

quae formae conueninnr cum fupra exhibitis,

Theorema V.
AR RRINRE 3.y 3 Si in genere haec ratio.” defignandi adhj-
beator: v g, Z::A—g-Bz—l—sz—!—Dz’—i-—Ez", atque

Vglbr* huoigs fm-'lnul'ae-integ:~al-is f;,i;, ira fomtus vt eyanes--
€at" pofity oy~

ﬁéﬂf'ﬂ&k’:-’n‘:x + . necefle eft Vvt inter ,"’quantica-t:es
k, x, y ifta: relatio: fubfiftar:’ ' i

goa dead Iop. §0 Tom 1 b1, @ sA+

©, defignetur hoc charadere II:25 tom, vt -




wsg ) oso ( EFe

,u-mrx+ry)+-{cm+szcw,(x+y)'~+—'zE-wxw:3 VvEY
" . (m—2 ) IR
sA-BETE 2V AK

. T e %
cpins  ratio ex fuperioribus
denotet quantitatem conftantem erit

. . g — Lod® dy —
d-AH . x:‘l"‘_d- II-J’.,__ o fiue ﬁ"_“_—_ﬁ__- Oy

eft ‘manifefta.  Cum enim k

-

do ante vidimus ita exprimi: _
z‘E,ac:cyyiml}LY‘ — & .

cnjus integrale MmO
+2ny_+Dx_'y(x.—l:—y)+
ey Dy (&b d I et

+AB(x) :

' o ' {0 .
*"**Qaa—reqcu'mjﬁc debeat M:x - T: p=T:k, manifeftum
eft pofito ¥ =0 fieri debere Hﬁ:ﬁﬁzﬁkfideoquex::k

ynde  conftans indefinita A eodem prorfus: modo definiz

tur, vii eft exhibita.
Corollarium " L. |
§. 66, Hinc fi formule T1: % exprimat arcim cu-
juspiam - lingae cnruae abfciffae frue @ olicatae Z refpon-
deptemn , D hac curia ompes arcus codem mode inter fe
comparare licebit, quo arcus circulares inter {e comparan-
tur, quandoquidem, propofitis duobus arcubus IL: X €& 0 7y
tertius arcus I :& femper exhiberi poterit vel fummae

yel differentide’ corwim arcuum agqualis.

 Corolfarinm .
fi in hac forma qep—Tx -1 2 |
dibit I1 p— 2 H rx; ficgque arcus ¥e- k

Jiatuater § = %) PO
‘ % im moftra fes

seritur duplo alterins acqaalis. At vero

ma faciamus ¥
pihilesn abennt.
Ytamur aequatione primum {& 38 ‘ :

VE—AE — F (A~ D (x--7)+E (51D 4

— x, tam DUMEerator guamn denominatoy 1
Vt autemm eius vermm valorem eruamusy
) inmenta:

& —)
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€t iam in membro Gpifiro Hedtetur 5 vt conftans ; ipfi x
amys infinite parum difcrepantem, fiue,

et denominatoris. eo-

fumta fola ¥ariabili, hoc~

vero valerem tribnamys ]
quod eodem wedit, logo nnmeratoris
mm differentialia fubftitnantur,

‘que modo pro cafi J =& membrum f

niftrum evadic —X_

. AV x?
vhieft X'—B .1 » C.r+aﬂx.x+g~E.x’.e Nunc ergo
fameis quadratis habebitur: '

XX

R .4x...'_.&_!'3—2Dx+4-Exxi

exiffente A vt ante e e a1

far x

1
iy

J
‘.:,
bp -

Corollarium 1JL-

§. 68. Verum fine his ‘ambagibus duplicatio ap=

cus ex altera forma H:k—1}: 4 — Iy deduci poteft, po-
nendo y — ik, fignidem hinc fit 1. » —==21Il:%k, pro qQuoe
€1go cafu relatio inter x ef k hac aequatione exprimetur :
,A+B(k+x)+:ckx+nkx(k—+—x)—.¢-zEkkxx+=vkx
. N (x.__ka . :
— tABhA- a2y aAK

—_—

- r .

Facile autem patet. quomodo hine ad .tniplicationcm,
droplicationem et quamlibet multiplicationem arcuum
gredi debeat, quod argumentum olim fufius fum frada

qua-
pr 0-
fus,

Theorema VI, | |

§- 69. Siin formis fupra inuentis ponatur tam
B—o quam D=0, vt fit X— A +~Cxx4-Ex et
Y — A+Cypy+Ey et K:A-—]—'Cl«:k-ﬁr—E.k"; tum
fi ifta aequatio 42 4 ¥ =o ita integretur, Vtpofitoy=o
—#4, tum aequatio integralis erit: ’
A+ Cxy+Exayy myxy _ A VAKX

R e T

G2 —_— ‘j’?ﬂ:
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 Corollarium [
6. 7o. - Hic potari meretur,
slio modo €x forma generali deduci
matur A——o et E —o, tum enim
" differentialis: |
T ro e
cuins ergo integrale erit

dy_____ —— O

ViBy+ Cyy+Dy%)

iftum cafim adhue
pofle, §i fcilicet fu-
“prodit ifta aequatio

]
x4 Cxoe-FNx3 By Cy_g_-:l-l)_-y‘)

,B(z—!—y}—!—-;ny-&—'ny[x-l-w‘;ia.ﬂﬂ
e — P o } _
Bk — B ybi valor con{’canns"admodnm {fim-

T

loco x et y feribamus

R "k
plex enafit. Nunc in his formilis

xx et yy, at vero loco literarum -B et D fcribamus A
et E, fietque ‘aequatio differentiaiis o .
_dx . 3
_"Vm_—h(‘.;x—l—Dxﬂ T Y{a-FCoy-HEY) -

“¢uius €rgo integrale etiam hoc modo. exprimetur:
A(ch—l-_'y:f‘,-’r—szxyyﬂ_xﬂ_y(_{f—kyy_}if—zxjw/XY — A
T Tew 220 — kk

“"|‘ Ir ,"
Corollarium 11 | ,
g, 71. EBcce ergo hac ratione peruenimus ad ali-
am non minus notabilem priore, atque

‘am integralis form
adeo nunc ex earuin <0
eliminari poterit, quandoguidem ex pofteriore fit

q;zVXY:é—[i:—k?;%ﬁ' ﬁi%;—*‘-ll)-——:szy
= Exy (x x+3) T
gui valor in priore fubftitutus: conducit ~.ad hanc-aequa-

‘tionem rationalem

mbinatione formula radicalis v X ¥ .

xy +2BExxJyy

oA+ 2C ‘ :
Algz— P _ AXZEYD 2 — o Lk

—+ Y5 zx2) —~2Cxy Exy {x #-+73)
A (r—myp T, 2lE=dTY AR :

-  kk R

- quas
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guae porro reduQa et per (,r _}') divifa reuocatur ad
hanc formam:

: A .
R =00 Ara:-f-ya* ;
L SR DY f| |kk _'3 —- jkkacy Ex‘}, —

ﬁgezad anc -’ .
kF {xx+ff“kk)—Exxjrj+z 2AK —

Fciaftall o
E
quae egregie conuenit cum aequauonc ca{aomca qua o olim
fum vius: {cil,

O=a—+ vy (£x+4yy) +2_5xy+é’xxﬂ’
fi quidem eft ' ' v

Wiy

-

P

L2 . g 1

kk y

Qoro]larlum IH o

st £ 2., Methado poﬂemme,m qua hic vﬁ ﬁlml'la -ad
Ieaanc;a;qﬁuatxppem mteglandam s dequatio, multo -generalior
tagctari poteric,, .¥bi in. formulis 1ad1calibns ‘Prteftates vs.
que ad fextam dlmenfoncm affurgunt. Namque fi tane

tum flatvamns A =—o, v¢ g aequauo

_dx d o
- H’,v.x(B—i—LJq\—i-D.m-i—hx’) ~— YIEBFCr —FD,fw;*"hﬁ) “m
eils ' integrale eft
B(x+m}+aC‘xv+Dxfyrx—1-—"\ *Exay
I ey 7t L
{_,_szyrB-ii—Cx-—i-Dch_-._p._E‘-ﬂ (B+Cy+DT_0?:!~A'}'5)‘_:_Eﬁf
(x —T5e . Fo-

(Quod’ 4 dam hic loco y .gp e

quauo dxffemntJahs fiet
'\Fr 3 S )

. V[B¢tzx+D:c*—i~i~:x°') + -WE‘.:{:ET-%J%—#—EE — Oy
Cuius ergo integrale erir '

Bfrx+T9J+2Cxty2+“vamrx r+w_m+zEx+)4-
TITT)E

i :‘I‘r" ;—I—L'E’)‘V('B-i—C" '"+DM—|L-n ']l'B--f—Lyfy-{-D t.;_Er,aj 3
T RA iy = FIE T

Nune alifem nﬁendamus e

quomodo ope method& 1lnfieis.
d‘ Za Gf'ﬂﬂg@ "‘dcm‘lﬂtf:gr-ale lmPe[‘rdrl pqucat e _1] ,1__.1?

3 o o —*:&naly: :

r
==, S

T
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Amalyfis. ¥

Pro integratione acquationis differentialis. B I
dx - 2 o, exiliente K =B+ Cax4DxtAEX" - F

- Y=B4Cyrt Dy*+Es

M
+

'§. wg. Pofito igitur D

4 —_— Y — -
= ds erit 5% = T d;‘

hineque fumtis quadratis L IR

L Ax?-— . ¥ — i
ar =X ol = = Y.

Hinc formentur hae aequationes:

zxdx? — do?
.. ,_‘a_fgh_.__‘.xxX etﬁ%ﬁ?’——?’J’Y‘
fam introducantur duae nouae variabiles p et ¢ vt fit

exdyy—2p et xx—yy =24 ex quo fit xdx-+ydy

. —=dp, hincque ¥ x 45 — IS dyt = ApAa; quam ob-

rem_habebimus

"%—f—zﬂ_:'xxx ~yy ¥,

‘gnae aequatio dimidatur per ¥ ¥ —J y==2

dpdg —. rrX—yyY¥
sgdtr — x5y -

quae forma, valoribus pro X £tr Y ﬁ]’oﬁitﬂtis, dabit. B
dpds — B42Cp-+ D (3??+‘?‘?) +4E (Pj +pq ) §

g, prodibitque

mgdt*
- & 64.  Nunc porro aequationes 4 et iz diffe- §
pentiatae dabunt L L -
addx e | o addy — | )
ae X et L Y- . c o
- . K - - R " |
Ex priore fit “-"jf”:,x X!, cul addatur 5 = 2 X, vt §
~prodeat. - N T -}
' 2zddet 27 oahede .= g X 2 XK

T = SE
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Simili modo erit 2424y — , Y’+ 2Y, gquae duae aequa~

tiones jnuicgm additae dabunt

2 d df — addp — x.X’—}—-_}’YI-{-?—(X-;f-Y).

132 a1t

Subftjeutis autent valoribug et facta fubfitytione refpedin

literarum p et g reperifur
2X 42 Y:4B++Cp+4D'
Deinde ob | '-

(P+4q) +4Ep(pptg 795

X‘x::szx-l’—q,."Dx"—i—G'ﬁx‘ et
_yY’::zCJ_fy%—q.Df.—&dEj‘ erit

L XM IY=aCpa 8D pptggf 12y (Pr+39¢)

ex quibus coniuudis fi

o *~}§*—2 :4'B+8Cp+-x

+ 16Ep(pp4g
§. 75. ADb Rac formula

:—ﬁi‘z quater furnta, ac remanehit
2dd »dpd

2D (pp+gq)
79 : |
fubtrahatur fupra inuents )

o A = $D99+32Ep44
- Nime vtringue multiplicetur per 22 o prodibie

adpidg ___

——

x (:dpddp .
ae (e

cuins integrale fponte fe offert ita expreflum
‘ ;%%,,F —4A4-+8Dp4 o

ideoque extracy radice

a9 . '
8D dp g4 Epdp

SEpp

i =2V A 4 2Dp+4Epp.

§ 96. Cum niune fig

L %{,: FVEXFIVY et 4 I=x%¥—ypg
falta fabttitutione orietur haec a€quario ; |
o _ ,
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mtls quadl‘ath educetur ad 1fam Formams: :
_4_15"5’1/1{\ ""-ﬁ -—&-D(xx-\—yy} :

'(:cJ-—-_'y‘.)

& B Ay ) | ,

B vero _ o
3”“{—4‘7?\(_JB(xx—\—yﬂ-JrC\x’!—l‘—y*)._ Y
.. b ) B +7) : B
‘7-5‘515('”1“ perucnutur ad hanc aequauonem B i S
FxyylErd s )+~:'E=c4’y4+s-x'y¢xY.._ ‘_

w+w}+r\
.Z- *x ""_’)'94)"

quag’ I8

B

+vy\+

con{’tantcm A 1ta

S 5 . .Su—mamus nunc vt fupra™
vt pofitc :

y=—=o: fiat ¥'= —f,et X' = K'*K +Ckk+Dk Ek

nc f'r)rmam. .

] 'nyxv_ k '

-alis induet ha
f:rx—l—vw)-{-zExwv*_p- XV— &

et aequatn ntegy
porxd ‘-4—-6" g YDrxvaiz®

o - e — s ;
B"""".E, quae aliquanto ﬁmphcmr cuadlt ﬁ vurig- B

"R
que fubtrabamus C: erit enim
o +"*x "‘wfvc:f-}-'v'y

TTJC-\—fy'\\-ﬁ-g,("r'x
____._-—— T XN L o,
(x? *—'3 R

m 1n1:egra11 fupra §

‘—I-nE 14-"v+ ,g._-:x

gua¢ 'cg1eglc conuemt cu

cafus nn‘tatu dignis. fe oﬂir-ts, dum B =

§. =87 H1c
fum autem ax:quatm d1fi‘cienmahs ita {e ‘habebit:
d o ;y ..... e
= wa(C+Dy:y+EM = ¢

finm erit

xv’(C—t—D.u +Ex4) —_—

;u’revrale pex conftantem A expret

£ulis ergr(a
) gt ”-»—-}—Dxxy'ﬂ'ci‘-%-'\"‘)"l—'zﬁl“ —4—11"\'\’1‘(\1 — A. ;
e --—)r,,f’- -
nari. poteﬁ, vt

em cafwr mtegratl'o 1‘1013 té determ1 7
— o fiat xRy auia integrale po{’termrls ment]

Toc aut
catge mianifefto, abit jn infnitam; qua

tﬁtn ¥y =
‘ﬁgu hnc-

s aa
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: alio modo integrationem determinari conueniet weluti vt
) pofito y — & fiat ¥x —a, tum autem erit ifta conftans

i A — Cla4b) 4D a b (auhbb) 4wt Eatbt 205 V4B

1 - (aa — by

~ exiftente
A=C+Daa+Ea" et B=C-4+-D5bbs+Eb.

Conclufio,
§.79. Qui proceffum Analyfeos hic viitatae com-

parare volnerit cum methodo, qua Lluftris D, de /g Gran-

- ge—vius—elt~in-Mifcellan-—Taur:=Tom
. eam multo facilins ad feopum defideratum perducere ats
. ique multo commodius ad quosuis cafus applicari pofle,
Introduxerat amtemm Vir., Il in caleslum formulam d’rl’
iceps quantitatem T tanquam funétionem literarym P £ty
fpedtauit, quae pofitio fatis difficiles calculos poftulanit,

‘nes inueftigare licnit.  Quanquam autem nullom eft dp-
bium, quin ifta Analyfeos fpecies infigne .incrementum
-polliceatur, tamen nondum patet, quemadmodum .ad -a-
«df3s integrationes -ea accommodari queat ,  praeter hos
-pfos cafus, quos hic trattauimus et -quos .olim £x .aequa-
etione ‘canonica -derinaueram, : )

B dead. Imp, S, Tom. II, P11 H DE

V. facile perfpiciet,

-euins loco hic fimplici elemento. 4+ fumus vfi, ac deip-"

rdum noftra methodo longe concinnins easdem integratio~
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