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SOLVTIO GENERALIS |
QVORVNDAM PROBLEMATVM
DIOPHANTAEORVM QVAE VULGO NONNISL

SOLVTIONES SPECIALES ADMITTERE
" VIDENTVR.

© Audiore.
I. EVLERDO.
7 X.

Analyﬁs Diophantaea , qude in problematibos inde-
terminatis per numeros rationales vel etiam inte-
gros foluendis verfatur , duplicis generis problemata
tradare folet ; quorum difcrimen in ratione folutionis
maxime eft pofitum. - Alia enim problemata itz funt
comparata, vt folutiones generales exhiberi queant,
guze omnes plane numeros fatisfacientes in fo comple-
Quntur: alia vero nonnifi folutiones particulares admit=
tunt, vel faltes per methodos cognitas nonnifi tales
folutiones eruere licet, ita vt praeter “hinmercs, qui
forte reperiuntur , infiniti alii problemati fatisfacientes
exiftant ; qui in- folutione . inuenta non contineantur,
Vbi quidem in genere notari copuenit, prioris ordinis
problemata multo facilius: refolni, quam ea, quae ad alte-
yum ordinem referuntur, quippe quae plerumque fingula-
sem fagacitatem cum eximiis artificiis coniun@am requirnt, -
in quibus maxima vis huins Analyfis cernitur. Quare

' V 2 ob



5.6 SOLvTIO: GENERAEILS

ob banc caufam) problematar Dicphantaeat int lias: duass
claffes, diftsibuii debere: videnwy:,

#. Dioplisntus: quidenn ipe: omniim quaeftionoms,
qpas- tractat,, folutiones: tantum: fpecialifiimas: tradit,. nu~
merosque-,. quibns: vnica: folacios cominetir:,, plerninque:
indicafle. eft. contentus:  Neque' vero eins: metlindus” ad:
has: {olationes. (pecialifimas. adftricta: eft: putanda 3, quiat
- &mm: tne temporis: vivs: litterarume,, quibnoss nomeri ins
definiti: cefigncotar,. ndedums erar: receptis;. hoibsmodii
folationes, latius. patentess,, qualés: nunc: quidem: exhiberit
folent:, ab:ipfo: expedari. non: poterant-s. intértm: tamen:
- iplac metliodi:,. quibus-ad. quaelibet' problemuta: foluenda:
vtitur,, aeque. late: patent,. quam eae, quae. hodie funt:
i iz quin: etiam. fateri; cogimuor.,, vix: vilim: int Hoc:
amly{eos: genere: adliuc: effe: muentam',, cuitsy vefligia
fatis, lacnleata; nom: jam: it ipf6- DiopHanto: depreliendans
tur;.  Non; obftante: igiturr Hac: apparente: particoliritate:
folutionum:  Diopliantaearum-,, difparifas. problématum:
fipra-memorata ,. in ipfo- iam: Diophanto- manifefld. cers-
nitur-,, fiquidem: ad. methodos- eius: refpiciamus :: quArtm}
aliae: ita: funr: comparatae.,. vt: omnes- omnino: {olutiones, ,
quae: problémati: fatisfacere. pofiunt,, fuppeditare- queant, ,
alide: vero: nonnuilas: tauturmn- folitiones: praebeanti,, vel: -
etiam{l’ earums oumeras- in: infinitom: augeri ‘poffit; tamen:
in: iis. innumerabiiés: aliae. ,, quae: aeque: fatisfaciunt,. nons
contineantus; . _ '

3: Exemplim: probléematis ., cuits folatio® generalis:
exliiberi: poteft:,  praebet: quaeftio- valgata ,, qua’ quaernn--
bt duo- numeri. quadrati’, . quorum. fumma. fit: quadra--

' tum ;,
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tum 5 _ﬁue‘, fomtis a~ ety pro’ radicibus: iftorum quadra-
Porm . vt xx—-yy fit. numerns. quadratuse  Swuintis
ehim prO lubirni tubus numeris @; p et g, haec’ habe-
- bitor fofutio? generalis: y— apq, et x=app—~ qq)

- ex. hisi 'nathgue: vdlonbuf pl()dit V(xx -39 = @ pp+qq).
De qua’ {olrmone tenenduny: eft,, nolios~ plane: dari nome
ros pro- &7 et y* fubflimendos: . qubruim: quadratorn
fimma: fiat: quadratim’,, qui: non: fitnul int formalis: das
tis* cohtineantur.. Atque haec: geueralitas: non? folam?
ihde perfpu:ltur, quod pro- tiibus» littéris* ; p;. et’ g° nu
merost quosctique: accipere: ficeat’,. vnde: iam’ infinities’
infinita: folationnm’ multitudo’ obtinetut;. fed etiam - ipfas
Yarom: formularom: invettigatio- eumc1t,. nallam: plane:
dari- {olutionem-,, quae: non: in: iis: comprehendatur.J At
Yero® hoc' pofteriass criteritiine Jonge:® cettius: et priori’,.
cumn® faepe: multae’ litterae” indéfinitie’ in® folutionem ind
gredi. queant’, nequc« tament {Olueio- proptereat reddatine:
gf;nerahse

Inucﬁlgqtmms autem’ ratio® in' hot” exeinplo’
fiobis {olutxoms voinerfalitatem’ plane- of’cendu. cimenim’
‘V(xx—]—-yy) debear’ effe: numierus- rationalis’,. is» certe
etit” maior” quam’ Xy, flathatie efgs’ ==w--2! Tum:
vero’ quaecunque: fit ratios ipfins- y adi 27, poni: poterit-
Z=—=+y, neque: hioc' modo* generalifas: pofitionis limita-
tur::  Pofito: autem: ¥ {ara=ityy) =&+ J’ﬁ]mtla tadra--
tis hiabebitnus:: xx-—l—yy_,xx—}-mry 4 yj De-

leto virinque: termino: Ex; ac reﬁduo per y diuifo .
prodibit’, .

=Ygl J’féu (pp qq)y=z2pqu:.
Vs Erit:



138 SOLPTIO . GENERALIS

Frit ergo === % Pz?q hmcque % et g funt vel deque’

multipla; vel aeque ﬁibm{,ﬂﬂpfd numerorum pp—4q €t

2pg. Sumts ergo « pro indice generali fiue - mult&e.

plorum, fise fubmultiplorum, nancifcemur

y=2apg et x=a(pp—qq)
et ob 2oty —2agy exit x+z V(xA—I—JJf)W(PP’*‘M'

t

5. Problematis autem , cuins folutio per  metho-

dos cognitas generalis etheu nequit , exemplum efto
quaettio de muemcudis tribus cubis quorum fumma” fit

cubus : fiue quaerendi fint tres numeri %,y et zita, v&

fit ° -y -}-2"= cubo. Quod problema cum ab
“ipfo Diophanto, tum a recentioribus,  pluribus  miodis

extat folutum, atque ita qmdem, vt infinita multitudo .

folutionum, fit exhibita ; neque tamen vila folutio tam
late patet vt omnes plne cafis huic 'quaeflioni - fatis-
facientes in {& comple@atr. In hoc problemate etiam
vel vous cubus x°, vel duo &°——»°, tanquam dati fpe-
Ctari pofiunt, vnde. vel duos reliquos cubos, vel vni-
cim quaeri oportet, vt fumma. fiat cubus: quomodo-
cunque autem folutio inftitwatur, tamen maxime -parti-
vularis enadit. | | C

7 6. Quod quo clarius perfpiciatur, folutiones dari
,fchtﬂs hic b1eu1tel commemoremus.  Sint igitur primo
dati duo cubi & et &°, tertiumque 2° inueniri opor-
teat , vt ompium trivm fimma " 5%+ 2° denuo
fiar cubus : Manifeflume iam quidem eft, radicem huius
cubi maiorem fore quam w, fed etiam{i flatuater a4,
- tamen aequatio quadratxca pro inueniendo & prodit,
: : ficque
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ficque dlﬁ‘icultas ron dlmmmtur - Poni - igitue - Dlet.
¥=p—b, vt famma trivm cuborum fiat :
-a »{—-3&529 3&pp+p — Cubo =a"

atque hac quidem pofitiene amplitudo folutionis non
reftringitor.  Porte  autem  einsmodi cubus aflumi de.
bet ,. vt incoguita p per aequationem fimnplicem § ideo
gue rationaliter exhiberi queat. Manifellum autem eft
hoc duplici modo fleri po{fe primo enim- {imto
v=a-+p , fier '

@ -3 bbp—3hpptp o b 3aap--3appi-pt
wbi cum termini @° et p* fe deflruant ) relignum  per
3 dinifom dat : '

&b~ &p*cm—}—-&p, ideogue p=— @——é—__& —F
vode fit x==p—b=—a, quo cafs vique fit:
.a3+.53+x=—1'4=+!;=--43—— ' — cubo

. Hane autem folationemn maxime particuizs
rem offe, ex affumtione valoris w=—4-p <cnidens
<t cum vbique fiexi poffit, vt quantitas

a5 bbp= 3bpp+pa Gt cubusg cuins  gadix
ron fit a4p , \

ita vt hae veftrictione folotio maxime fic iimitata., Vi
de faGum eft, vt euam vaicim valoiem pto p ac
proinde pro @ exhibuerit, qui adeo ne folutionem qui-
dem - fidoneamn fupped: taﬁ"e eft cenfendus , propterea
quod imuenimus ¥==-4, qui cafus tatn et obuivs fia
fponte, %t ne pro -folatione quidem admitti queat,

Pro o igiur alius valox ﬁng1 folet , talis tamen, ¥t in.
 ventin
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-yentio  ipfius p ad aequatlonem ﬁmphcem perducat
quod vfi1 venit ponendo v —e-}- nm,p, ﬁet emm :

" —-3bbp—bpp—1p* =’ 3bhp - L5 pp-+- 55 P°
quae virinque deletis telmmls @&~ 3bbp per pp di-
vifa dat; -

& al b* -
bt p= W - p fen p— 2ol

| . 3 a3b{a5 - b%)
8. Cum igitur hinc inuenerimus p— * =i
2% . a¥bg-bt __ blaad4-bE

= e, Ot ¥ p—b ey = A0S quae

eft radix tertii cubi ad duos .datos 4*~-54° addendi, vt
fumma fiat cubus.,. Ent autem fimmae radix cubica

b B
per  hypothefin —w = @ Zp=a -+ S . five

— ¥ty agb? afa® 4 259 . _ N
VI S o= - Quiconque erge  numeri

pro & et b fuerint affumti , hinc habcbuntur tres cubx
quoram -famma eft cubus. Hi Rilicer eroncs

By ad g b E; b3
aﬂ_.l_.lga'__l_( (3“—"!" )) __‘(ﬂ{qas":;; }3

Verum et hanc folutionern maxime .efle fpecialem ex

ipfa jnueftigatione perfpicoum eft, cum plane pro ar.
b1t110 noftro radicem trinm cubomm fioxerimus 0 =4

-2 p, cum five dubio mﬁmtos .quogue alios valo-
res recipere poffit.

9. Porro sutem datis duohus cubis voicus repe«
ritar tertius cubus, qui cum iis coniundtus producat
cobum ; amféﬂum autem eft, infinitos huivsmodi dari

cubos.  Si enim fit a"*u;. €& by, mdlx tertii cubi
hinc prodit

— 3(z.62427 ;__45 . ‘
x =S5 S e v=2t i vt fit

4° +3 —+ (55 = (£,
Noui-
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Nouirns autern cobum quinarii ad hos cubos 4.° 4 3°
additum quoque producexe cubum Rilicet fenarii, fen effe.
3744’ p-55 =67, qui tamen cafs in hac {olotione
_ nnn continetur. Quare fi 2d hoc problema folvendum,

vt fir a4y 2=, quis dicat fumi debere :

blact4-5%)

¥—ay y=hy et 3= =y

tumque fore w=— a—(i-%%é—), hae formulae quidem fatis-
facignt , fed etiamfi, ob duos numercs @ et &, arbitrio
noftro relictos, infinities infiniti cuborum ternmiones hinc
exhiberi poffint, quorom fumma faciat cubum , tamen
infiniti alii exiftunt cubosum rterniones idem praeftantes,
qui in iftis formalis non fant eontenti; veluti hic cafus -
X—=3, y-=4 €t 2==5, pro quo fit ¥—86.

ro. Latius quidem patens reperitur folutio , f
vaicus tantum  triom cuborum quafi datus affimator, ita
vt fierl oporteat

& =27 -y =
Ponatur hunc in finem x==pa-}r et y:gzﬁ-—-i’,. qua
quidem pofitione ‘nulla refirictio inducitur, fictque
0% 877 (p-r-q i+ Br(pp—gq wu—(p*--g* =",

fam vt qmntitas # hinc ratiopsliter definiri queat, fin-
gatur v =a— 5o (p-+¢)u , qua pofitione vtique folu-

tio iam vehememel limitatur : ex es autem obtine-
bitnr :

w3:a3+3r1’(p+g) U5 () s (P,

Delerls ergo vtrmque termnzs A —-8ry [p -4 ,
et refiduo (p—-g)un dinifd, emerget haec acguatio:
Tom. VE Nou. Com, X - 85
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S (=) (PP b4+ g =2 (o) Beg)n

A ,aa:‘r(p—v-v )~ 206r{p—aq)
ex qua ermitur @y 2 PP it i — O\

11, Valors ergo hoc pro # inuento, erit
\— . 3OEPPH A= )00 PP 2y ) =T (D1}
e e ul WS{Pp-pi-g T 6P
S22 b Dm0 P prpte 1 Py YT (pfetl)?

GO PP-pgtg)—1 -1

SRLY. B A il Vim0 s W WL Vi
Stwmat g S S e

Cum igitur quatuor litterae @, p, ¢ et ¥ pro arbitric
affurmni QHF"UIE. haec folutio viique infinities latins pates,
quam praecedens , vbi duae mantam litrerae arbitsio noftro
16};1.qur~b‘mmr Veram tamen notundum et rationer
tantum literaram p et ¢ i computum ingredi, ia ve
hinc litterse arbitrariae ad tres cantom redocansur ;. ni-
hilo vero minus et haec {olotio, ob limitationem circa
radicemn o adhibitams , pro pacticulasi eft habenda, ita
vi terniones cubomm exiftant in his formuolis non con.
tenti. Solutio autem antecedens ex hac cmergir, fime
to p=o, ita vt haec infinities illa fit generalior.
12.  Adhuc generaliorems autem  obtinebimus
nullurn triom cuborum  tapguam cognitum affima-
mus , fen in genere quaeramus &, ¥ et 5, Vi fit aSbyd
' zmo%  In hunc finem ponatur -

X plt-uy, yr=—pt-t-gi, et z—=0—g#
quibng - pofitionibus  pikil  adbuc Liwitawr ; 6@ aurerm
subitirutione, ovitoy

B g p il d—-’rwgszfa'm o 3 e

J=qi— F=

-4 31‘ wa-pg:f-;jfwsz
pac ’ i Y G iU

fam
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Iam fingater w—f¢--#, vode quidem maxima lmita-
tio nafcitur, er sequatione per giu dinifz, reperietur
(pp+-ppq-aii-t-(p-pag-ggn=1-+u, fen

-t e g gD g
a = g ppogsg  capi ergo poterit :

t=n(-pgqtqg--p-1) et u=n(-ppg-pp-+q+1)
ynde elicitur :
x==n(—ppgq-+pqg—ppg-p—+g-t-1)
y=nptg=pp+gq-ppg-pqq)
s=n(--ppqq-pqg+ppg-+p—g—1)
eV =n(—Ppqq-ppg-pp—-g4-—+p-+4)
Hinc autem fit z——-~x eL vy, qui et cafis per
{e obuius,

13. Sequenti autem modo {olutio latius patens
cruitur : Ponatur
X=mi--pu s ymni—-qu et xe——nt -y, eritque
AP R 3] -g3mpp”) - )
—- 3 nugpttut-angg %tm-—'— g* ti,
sonr)  —gurr) gl
quae fomma cum debeat efle cobus = o* ponatur

. P ei-nnf{g—r1) v . 1 ‘
u=mit w43 eritque dinidendo per uy

SEmpp—-n(gq ~r)) 4 (5 4 g* - 1%) =
gt . 5
s (mmp —+nn(g-+-7)) -+ ws(map+nn{g—-r),
ficgue mgie.&o communi factore , qui ab grbitrio noftro
pendet , esit |

=P g )= (g )
w=gwn (m,;zp—.—m(r’+? )y -3m ("35’?'5’”(‘?‘3 r7)
| o, quas
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quac formae i denuo per communemn factorem 4 4-¢
dinidantar , prodit
r;fz"(gfquq; vy )- g nnpp- 3immn p(g—l—r) -#%(g+7)z
u=-gmon(g-r)4-6mEnnp—-3m’ u'{g+-7).
14. Hinc iam PIo %, y, %, emergunt fequen-
tes exprefiiones :
x=m(gq-gr-4-19)-3mnplg—r) ~- g nnpp—mn r-.{u.:fj
F=—tin{2qg-2gr-r) -t Crtnnpg - 3PP+ N glg4)
— 3 1 n p(g—;—-r)-—'n?(g—{—w)
2=-mtn(—qq- 2gr-—r—27:’)+6m$m1pr-{—3 mpp—+3 mEn'r
(¢ 7))+ 3mmnspig=4-7)—+ 1w (g -1-1)
guernm cuborum fumma iternm eft cubus radicem ha-
bens v, vt fit
=11 (gg gF —-r¥)y—gmaplg—r) -3 mtmpp~3mtni(qq-rr)
‘ -G mEutp(g—r) 4= 2mnd (g~ r)*
Hi vero mumeri etiam fequenti modo exhiberi poffunt :
B= - g PP 3 PG 3MNPY - m’% 7" ﬂ?’%q + WIM

—nsy t*—2mn” y
Y gmipp A Emenl | -gmn pr—emn’)  Aamtn’) .
Py -m nd
— gy Famntrqq +amn X T 1)
-_— ‘S —o2p . .
z::-rg-gm m’fpp—‘{».?,vz’nsj)q-}-ﬁmsn’z - —mﬁﬂg " -mﬁr'} +2a%n ’}

amrnsyt a7 N1 gment bgrtamnty 1
gow § 4 oa y
o= pp-amtn | +3m6n -a—nﬂ T _p 1 w7
A4S n*.)f +6m=n"%‘p —amw bgg T qriamnrry
‘ -1-‘27.,»515.} +Armn.} —i—zm'nﬁ,},
Luibus valoribus fubﬁnm:is adu fir 2% -yt et
15. 2
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15, Si fingoli hi numeri infuper per. coefficien-
tem indefinitumn multiplicestur, hae formulie continebunt
& litteras ab arbittio noiiro pendentes, quse quidem
ad ghatuor reducentur, vode eae latifime patere, omnes-
que omnino cafis in fe compledti, videntur , verum
famen ex. ipfa folutone , qua ipfi v valorem a litteris
X, y et 2 pendentem tribuimus, perfpicitur has formu-
las non nifi pro particolaribus haberi pofle.  Ceternm
quoque per alias pofitiones aliae ervuntur {olutiopes ,
quae pro certis cafibus magis fint fiturae idoneae ; tum
etiam methodus habetur ex inuenta folutione quacnngue
particulari aliss folutiones particulares eliciendi. His ra-
men omnibus - artificiis, nif in infinitum reiterentur,
nulla folutie , quae pro generali haberi queat , obtinesi
poteft. Quin etiam in voiverfim fere adhuc eft credi-
tum, hoius generis problemara natura fia ita effe com-
parata , vt folutionem generalem prorfus non admit-
tant , ex quo fequens iftius problematis folutio , quae
reuera eft generalis , imprimis notatn digna et finibus
Analyfeos Diophantacae promouendis apta videtuw -

Problema.

16. Inuenire generatim omnes cuborum Perniongs ,
quorsm fumma fit suius.

Solutio. |
Sint A, B, C radices ternorum cuborum , et D

radix cubica fammae eorum; ita ¥t fic A4BH-Ci= DA,
\ . X 8 gl
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cul aequationi haec forma tribuatur ; AP-Br=Da—(,
Ponatuy fam:

A=p—g; B=p— gy C=p—s et D=y -
qua pofitione ’h”'iphmdo 1olut1on1= neutiquam  refiringi-
. Hmc autent fit : -

gg et D —Cima ¢ 4-Gros
ficque erit :

PP+ sqg) =s(ss-377)
quac aequatio fubfiftere nequit, uifi pp-+5gg et sstgrr
communem Dabeant diuiforem.  Conftat antem tales
numeros alios non habere divifores, nifi qui eivsdem fint
formae : quod vt obtineatur, loco quatyor litterarnm
Dyg, 7 et g5, aline fox nowe intreducantar hoc
m0do | . |

p=ax-tsby S 83cy-—dy

g=bx— ay r=— dy+tcx
vide multo minss . amplitedini foludonis vis infertur.
Hinc autem eric:
pp-3499— (aa- —}«ﬁéu)(xx+3y;f)
£5-4- 577 =(dd =5 e0) (22— 517)
ac nofita sequatio per aw-+ 37y divifa indvet fequen-
tem formam ;

(ax-128y) (va-388)—=(3¢y—dx) ([dd--3¢0)
qua id iam famos confequuel, vt litterae x ety vnicam
wuntum obtineant dimenfionem, ideoque rationaliter defi-
niri quesnt. Com enim fit:

X oo rmzblaatzbbidnsc(ddg-sce)

o ﬂ(ﬂt¥+zob)+d(dd—+-3cc3 Pi‘ﬂﬂﬁlﬂf
x = —gnblaa—-38b)+ 3?7,,(6]53—} 96¢)
ymnalaa—tg bb) A-nd(dd-—ge0)

2

Ex
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Ex quibos valoribus literse p,.q,7, s ita defininatur,
vt fin:
pr=anfae—-bd) (dd-+ace)

—n(abhe—ad) (dd-gcc)—~n{aa-+gbb)y
po—n(dd-aeN—n(abo—ad) (aa 3 -éﬁ?}
s—=gnlac—+bd) (aa -+ 5 0b).

Atque hinc tandem radices cuborum quaefitcoram A, B,
C, D erunt: '
A = un(sac~-8be—ad-\-3bd)(dd——gocy—n(aa+ 30by
B =n(3ac—gbc—-ad—-36d)(dd-+gec)vnlaar3bb)
C=n(dd-—3c¢)—n(sae-13be-ad-4-5bd)(aa-355)
D—=n(dd—+ gce)+n(3ac-ghe--ad+36d Y an-t+355)
quibus valoribus obtinetur, vt fit: '
AP LB - C=D?
et cum folutio nuila reffrictione it limitata, vtigue.

latiffime patet omnesque cuborum terniones complgéiis
tur , guorumn {umma iternm eft cubus.

Coroll. 1.

T

149. Derivemus hinc formulas
primo quidem it A=o; eritque
A—gnla—+5c"~nlaa~-368)"
B=onla—b)e’ 4n(aa-3bd)
C—one*~gne(atbiaat3500)
D=one't sne(e—b)aa--368)

magis {peciales, ac.

5i hie
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Si hic vlterivs pomatur b=a, fict
A:xafmcz-IGMf;. :Ib’m‘;
et D—gns’
fin autem fiat A—=—a, ervetur
A—=—16na"; B::I.snaa’-i—xﬁna‘; _C:ipm";
et D—one* - 24na.c.

Coroll. o.

18. Ponamus nunc ¢z=o , eritque
A=n(gb—a)d —nlaa-+ 365
B=nab+a)d+nlaa—+ 30d)

—nd*—nd(3b—a)aa+-362%)
D=nd'+-nd(sbtafaa-+ 365
Si vlterius pounatur d=—g , erit. B
A= onad’~16na" s Bosnad +x6na*y Cond*-8na'd;
D=nd'+16nad '
Sin antem fiat g———5, erit
== anbd* -1 605", B 2nbd*-x6nb'y Cond*~x6nb'd;
D—=nd*+snbd. ' '

Coroll. 3.

19. Sit nunc b — o, formulacque noftrae fient :
A—na(ge—d)(dd-gec)—na’
B=na(gc+d) (dd-+-gz¢c)+na’
C=n(dd4-3ce)V —na’(3e—d)
D=ndd-tgce)+na’(3c+d)

C=gnc'~24na’c
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Quod fi iam prneterea flatuatir d==¢, erit
A—Bnac-na’, E:xé’my —-na’; C"‘“IG?M‘ ~284'c
0D —x6ns°4-4na’ €3

fin sutem flat do=—¢ , erit
A =16 nar’-na’ %3:’87;@3“"—-&—‘&;‘*; ==x6ne*-gha’ct

—16uc-4-2n4g¢.

Coroll. 4.
‘20. Ponatat denique #==o, atque obtinebimus:
A= guble+d)\dd—~+ace) ~onb’
By nb{d—c)([dd+gco)+onb®
C—=nldd—-3cc) —9nb(c—d)
D —a(dd—+8¢6) -+ 9nb'(d—16)
Si vlterius pomatur d—¢, erit
A=oanbs™—onb’; Bognb®, C“"Iﬁzzc ~18nb°c; Dz16nc’
fin autem fit ¢==—4, habebitur

A__.——gmb B—o4nbd —{—9;3& 5 C.._,..m;ﬂd
—i16ngd -—1—1&11!::!

Coroll. 3.
2x. Si numerorom A, B, C vnus fiat negatinus,
quod pro Inbitn  effici potcﬂ: " veluti fi flat A=——K,
erit B'-C'=D°+E', ficque fimul hoe problema
generalifime dedimus folutum , quo bina cuborum paria
quacruntut, quorum fommae fint iorer fe aequales.
Sin amem duse radices prodeant pegativac ., veluti

Tom.VLNou.Com. Y Az
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A=—F et: B—=-F, etit: C"—=D* - R° - EF ,,ﬁcqucﬁ
denuo: nofiri: probiem.ltlss folirtio: habevitut..

Scholion 1.

« . een. Formuolie: {peciaiiffimae ,, in: his: coro‘l’ariis»
exltibitae, ad. bibus- bas. reducuntur,,ﬁsumem in-Coroll. g
pro: arfcribate » @ et a0 et inCoroll. 1, § @ pr@az

A= nac’—na" A:g?ﬂat"-"-*ﬂa..'
B—=zne.Cnag® B—=n."
C=un"—na'c C=onc'~3na’e
D= n¢*t-2na: D=ons*

quarum: prior conuenit: cum: fupra §° 8; inuenta . altera:
autem: praebet: hunc: cafium: ﬁmphuﬁimum A= 8 Bog .
C=6 et. D= g;, itn vt fit. 15~ 67 +s,_9

Scholiom =

2% Primo: intnitu: formulae: generales in: probles-
mate. eratae. non: fatius patere: videntur-, quam. formulie:
fopra- §: 14+ exhibitae’,, cum: virinque quinjue- infint
litterae: arbitrariae ,. atque: iffae: infuper coéfficientem:
communem: recipere: queant’, . ita: vt eiiam rmagis genes
rales. videantur,, Interim: tamen: ip[. folutionis ratio de«-
clarat,, formelas. in: problemate: inuentas effe ampliffimas,,
~dum: fuperiores. infigm: refttitione: funt: limitatae:.  Quae:
reftiictios quon clarius: perfpiciature, ex §: 1g.. perpenda--
tur- pofitio: v.—=m# —}—mmp"':n’:n“ @)y — g j)u—i—;’;'
(g-7)u: fam: vero: eft mi—pu=x: etj-ir—m-(ﬁ"i“’“ﬁ‘a'

itat
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ita ¥t pofitio fit w=w— 2 (y-i-z).  Quare, vi

fiat 3" -1y 4-2°=%", in il foluticne affumitur fis

D mn

.‘y_+. % —— m W S
— VBN —

patest , nifi in quibus fit ~=Z feu F¢ DUmes

g2
D _
.quadratus.  Quoties sgitur 3 ,{_t non fit quadratum .,
.cafos in fuperioribus formulis non contmemr hmwmodt
autem cafus dari , vel ex ezemplo 1 —~6" - 8° :9
—G
Tiquet , in «quo .peque ISy meque 5, heque. s fit

quadrarum,  Sofutio antem plOHLm.lth tali reftriftione
Dl s PP @rseith
mon limitatnr g cum it 55 T 5 T Sy e —— dda e

vode .ex folutione genwrali di ctantum cafus, quibus
E%L;Z‘c eft mumerus .quadratus ‘in  formulis foperioribus
§. 14. continentur; £x quo fumma generalicas moflras
folutionis manifsflo hcluwaa.,

= quqdrato ; ﬁcque illa ad -alios cafis -non

Scholion 3.

24. Natura autem hoius problematis mumeros iin-
tegros tantum poftufar, et quidem tales, qui fint primi
inter fey fi enim faeritc A'-B5-C'=D°, um
problemati .quoque fatisfacient .omniz tam acque multi-
pla, qum .aequs fubmulipl numercrum A, B, C, D;
ideoque fofficiet, eos tanmm noinfle caliss, gvibus nu-
meri A,B,C,D fiant iater fe com iategri, tum primi
inter fe. Hunc in finem fumtis pro .4, 4, ¢, 4 numweris
guibuscunque, five affirmatiuis, Gne negatinis, inde primum
formentur

xz=gnlc(dd-+-gcc)—b(aa—t5bb))
S= ndldd—+-3¢c)ta(aa-+-345)
Y 2 ac
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gc pro # wlis famator fialtio, vt 2 et y fant ‘inteppd
et primi iwer f&. Ex his porro formentor s
pz=ax+ 35y g=br—ay; r=dyfex et s 5oy -dry,
qui denuo per commumens diviforens , fi quem habent
deprimantar.  Hinc denique  habebitr A= p-q 5
B=p—gq; C=r—set D=y} ficque fist
A" B 4-C"=D".  Atque cafts, quibus vows ho-
rum. numerorum: it negations, fimnl omnes folutiones
praecbebunt , quibus fimma duormm  cubordmi: aequalis.
eft fummae duorum aliorum cuborum.  In hoe calenke
conueniet copiam  numerorum  formae gm—i- 38 i
promtu habere ; wnde deinceps formulae @ a ~4- 5 &8
%t dd - gee defoms queant,

Tabuls
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Tabila numercrum formae mm - 3an

BOmerns #

o (x| 2 3141516171 8]

I REE] ”!12113,]14“5]1611?’ il

1z

13
16

Z1
2§

_37
4&
61
16

93

112

©

1
_-_.q.-

g| 12
36| 19| 2
Tag| 26| 3
_36;_39] 4¢
49 52
64. 67
SIi 84
Ioolxo_g
121'124.
144 147
x69 172
14. 196 199
r15 22 ‘228
16256259
1 239292
-18324.327 .
191361 36:5
204.004.03
Prider sasles
22484 487
#1529 53
457659
5625528
wachcs 69
120173
784|787
84.1

3=
4

.

l“? ‘_oo[-srl o [ I‘-l.)f‘i;'hqu lo[a

I

-
o

l-éﬁ

Siﬁiﬂl

l

237
268

P BT

ool

l

ey
33
o

10

I33]

18—1_
208|:

- T
it L
1
.:

2

3

il
5

g

HobajgS

1x2139|172
tag 15 I5'6

19 219252
2172441217
24].4. 27'[
5300
304 331/30:
316/317304

; 409 4-5'5
ti§475
489 516/545
32 359592

503 52+65:
573700
724 751
777 804
{832'850

85 916153

108
1oglx 4!
1§84
Ti7jise
124
133
44
157
r72
:89
208
22926
252
277
304

48 75
491 76
52| 79jx1z
57| Eaf117
641 51
13[T00/T33
84.,

EI
972457

4.8 175
69 196

3
3

372 399 2
4 09/
54015 8o
592
637
684.
731
78+
331
892
o9

77604

48 975]

|

I47192°4J309

‘1-8 93 2-2-4- 30:'

—_— et =, M

172217268325 388}
133223279336399
196 241 "92 349 4_12
211256 307 354‘4_27
12827332433[4_4%
2+?2923+3+0045“
268313 364-4.2: 484}
291 .335387 444 507

15361412 4_695‘32
43333439496559

333372417468525588
364493 448499 5556:9
39743543I532539652
432471516567 6246877
508 553 604 6637 24
508 54‘7592643 700763

67672]: 772 829&92

y—

823868919976
876921972
931978

9__88

.963

{+32* 50H5BE|
4-3__h‘589
436 502

G75 768 86 7]972
u*76|769 868
6797[2 g

3721480\5101507
4—43 604/6C
4-5__7 _613
408 624.
48255561837
496 65‘2
513 669
353 688
553 709
576651 732
Sor 676 757
528 70} 784
557733813
688763,3‘”
721796877
56 83 [ 5912
793 868 048]
83290?
804873 945
prﬁ'gyi;.
[

J

!

F I
D0

!

G ¥y, 77876

7:: 80-2903
‘72 48:59:6
73983@931
?55847948
775 866957
796337988
Szggw
844935)
8‘(1963

995 991

93;{‘"
664
99

1973
o 78]
98:
983—
21007

nq
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Scholion 4.

25, BEx hac tabula fam pro lubitn numeri -pro
aa-3gbb et dd-gcc affari poterunt, vode' valo--
res litteraram @, &, ¢, d babebuntur, .quos tam affirma-
tine, quam negatine accipere licet. Quodfi vero mino-
rés numeri pro A, B, C, D defiderentur, conueniet pro
aa—+8bb et 3ec——dd eusmodi- valdres capi;, qui -
communem habeant diviforem.  Statnatur ergo

aa++gbb—mk et dd--3cc—=nk
Tum vero fit @c~-bd—=f et 3b6¢c—~ad==g, hincqué
fiee: :
A=n(3f-+g) —mmk
B=n(3f ~&+muk
C—=nnk —m(3f+g)
D—=nnk+m(3f—g)
vbi notandum eft, quicunque valores pro f et g fuerint
ingenti , eos tam affirranve , quam- gegative, capi
pofle, ob numeros @, &, ¢, d ambiguon; vude pro quouis
cafnn fequentes habebuntur seterminitiones : -
vel =% ”+M) vel == _ac~bd) :
g=—+ Bic—ady g+ (3bctad)
Patet autem, i manente g capiatur f negntiué, eosdem
numerns &z prodituros ordine tantum permutato, vnde
fufficit pro f valores tapwm  affomativos affumfiffe,
Pricterea manifeftum e, i it w5, & aa-- 345
—dd-+3cc, wm fore A=-C e D=B, vode
et hos cuftus excludi oportebit, Denique i f= 0., fit
A=-Be £=—-D; qu proprerea caliis guoque
funt
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fnr omittendi.  Saepe numero quogue euenit, vt vel
pror a et b, vel pro ¢ et 4, vel pro vtrisque plares
valores: orantur,. eX. quibus: folunonum: numerus. €G-
maior: etadit..
Efxe‘mtpi.um‘x L
26 Capiatur g -3 bb=19; erita=4 et h= I,
gt vero: dd k-3 ¢6="76", eritque:
d=r d—= d=g
vel 70 vel TTT g 478
£ 5 c=g =2
Tom: vero: fiv w==1 n =475 et k=19 P'i'o‘fautem’
eti g, fequentes prodibun‘t‘ valores ¢

I.. J= ey oy J= 195 III f= 9%
&= "‘I"Ilw g—-+ 195 &§=-19;.

I f'_ v f—* 16, VI f= Oy
=+ 37, L= +26 g—=-+38;

vide: tertivs cafis- et fexcus  funt excludendx. Atqgue-
hinc: eriter ‘
A= 13ftagr—1g
B= 12f—y4gt19
C=304 —3f—¢g
D= 304+4-3f—g.
“Hinc:ergo: repenetur pto-valore primof=21 et’ g*" —+ 13

pro’ ﬁgms fup. [rofigiis inf:
A =eadAg4A = avqa = 18" A= 3"

B — 27t 4= 44.B" 227|B = g15|kuB = g
C— = 241 + 1 C 230/C == 252 C= 4

378, D=6
Cafuss

; U_l_l‘ l

]J_..r‘:gﬁ*;..--g-. L-xp.r" =

I
)
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Cafus autem =z et 3 dividendo formulas per r9, ob
f=1 15 et E—=4 119, dabuat;
vel _ vel

A=+ 4 A—i1s A—sA= %

3= 13 + 4 agoB = 9nB =38 =17

C= 13 +1 C=12 C=4C=14
Dz-ixg 1 D= 18 D:d‘l):zo
Cafos IV quo f=—=5 et g—=— g7 dat:

: vel vel
A= 41+ 148 A= 189A—-107 A= 63
B=— 99 148 .., . B=- 69B— =227, B=-28
T ergo 4 eu
€ — 289 - 37 8 = 2520 = 3261 C= 84

D= 319 F 37 D= 282D= 256 D= 94
’ Cafis V quo fr—16 et g——— 26 dat:

— 173 -+ 104 ~ Az"e97A=— 69 A= 23
B—earr - 104 ergOB — 1078 = 315 , B = 105
C =256 26 C—=1230C =282 C = 94

D g52 — 26 D=326D= 378 D=126
En ergo plures cuborum terniones ex vaica pofitione
inuentos :

227 2307~ 2775 §56° 1077 +3 56°= 22774326
1095~ 230% - 277°2=326% 23°+ 94°= 63%+ 84°
23° - 94°+—-105°—= 124° _

T 145 17 208

3+ 44 5= 6

o vade colligitur
356° — 2297 = 230° - 2997 = g26% — 1097 item
126° —105°= 63° -~ 84° = 23°+ 94

- | Exem-
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Exemplum 2. ,_
oy, Sitwatphb=es, et v oz Camy V425
) - 4 e T Ve
wum  vero fit: S vl S [ el S X

Adt-gv6=="8 3, et ‘velgd: 3 el gd:‘ﬁ %E"‘é‘-‘a": 9

{53 (=4 {0TE. '

Tincque k=283 mo—1 € 4= ) DD Vewo pro f et g
fequenges prodibunt wvalores:

fI= g = B I e

Y ogmban; =8y g 50,

gy {= w5y F= sk S 26
g=4r; T 0 g 18y

5 notaodum ©ff, hos valores, quornm I et IV com-
venimat, otiri ex fola pofitione 4=—1T € b—g, et

geliquas duas eosdemn producere. Hinc 8rgo Liabebipnus : .

A= »9f-+ 3g — 28
B = 9of — 38—+ 28
C —=252. — 8f — &

D =252 +3f — & |
ynde cafis primus ev quarcus dabunt per x4 dinidendo

A= 749 C A—16—8 Az--2= 1

B 1: +9 ergo 1. B = 2:;-1;1.B: 20 = IO

C—is-+a C—312—6 €= 182 o9

D= 2i-f 3 D—i18—¢ D= 24= 12

Caftis vero fecundus per 2 dividendo dat: .
A= 23 36 A=z 85 == 19 A=~je¢=~1IY
"B =16 —T~3'6mgoLB:-no =-10p B= 3¢ 26
C —6o &+ 12 Ce 487= 24 Co= 72 36
3):.:@6?-:12 D= 34 —=z27 D= 98 == 39

Tom. YL Nou.Com, Z Cafig
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Cafiss tertins- per 2 diifas dat :
A— 85 4 45 A= Ego T 687 Ah S 40T e
— 3 3_: 45 ergo I. B = 68 =g4q:B =rsd=90"
C—= o93- 15 Q= 978==39 C ==108T=54:

[ i "t i, St

D= 159 + 15 D=1144a.=72 ¥ = A 8
Cafuis- quintus- dat per 28" dinifos: - |
A= 8 —u&
B  Fo Dt
C 6 — g

D — x2.== 6
Cafirs- dénique: fextus: per: 2 dinifiisy ddt -
A =103+ 27" A= 13065 5 AlD 76 =iEgs
B =3 Iw_i__ﬁ 27 exgovel = TO4 T 52 4‘.&1”-_33-:. =158 THe
€= 87+ 9 Cz 98z—39=3 C= o6=48:

il

- Bz 165.~++ 9r — 156 =786 D= r74=877
Ex. hoc- ergo- exemplo-fequentes refiltant:: formulae-: -
18 634 §°= 9F
ayf ot §9F - G35 *‘7'2?'-"' g7 geims gij- 108"
207t §aT - 70k 8175 €t 1O 277 = 198 247
37 - 4o FII 617 BT gohTm 268 367
8k 481 - 7gn == BT
. _ ' lLineque:: fequitor
B3 gt 207 53T 387 487
Patet’ ergo;  ex quouis: exemplo- afumto- pkires: Birise-
modi. fosmulas  obtineri,. inter- qmas autem- eaedem fae=
pius vecurrent ;. quemadmoduni: cafis: 3% 47— -
in. hoc exemplo. et praecedente bis- occurrits

8. Eﬁ%{



SOVORVND. PROEL. DIOBH 4NT ARORV M, apg

28, Bo .ergo {olutionem :generalem  problematis,
QU0 QUASHUBLUT QUATIOY -Dumeri rationales A, B C B,
da vt fir A~ Brap G Tye » fen quod -eodem re-
dit, quo guacruntir quattor ngmers Aatonales, o, g,
et .5, v i p (?p-&-—;sgg}:s(m_{—gw), Quae
p oblemata cum methodis” {clitis -non i perticulariter
vefolui .gueanr, manifeflum eft, -has .methudos folitas ad-
‘Buc ;igfigni defe@u laborare , ideoque .notabilem adhpe
Pperfetionem  defiderare. Tum wero, quod thic .de wypij-
€2 cproblemate oftendimus., snullum .eff dubism y  quin
Add in infinits alifs pari fuceetin pracftazi poflit.  Tn genere
-quidem patet., fimili smedo ‘hvinsmedi -Aequationem -arp
{ompp - ﬂgq).::ﬂ_;@s-ém{”—;{—wmw)w vél .etiam hanc Ig.
tius patentem (o PA-Ba+ryro S—t=e)mpp+ngg)
= (ap -+ bg —mor -t 45t e)mrr-t-nss) rationaliter
sgeneraliffime —refolni poile; -ponendo.: '

p=ufx-A-gy ot v=nhy—j-Lp

A =Y -gw =Dy — B

fiet enim amp bA-ngg—(ge. mnff ) nacx=<i-myy ete,
ARV == 5 =kt wnhh) (nxx~-m §5))

ande aequatic dinifa PO nxw~-#yy continebit ince.
Boitas % .¢f . wnius tantum -dimenfionis., -ex .qua pro~
ptered fine vlla reftritione .earym walores xationaliter
determinabuntur,

29, Non dmmerito igitor  fifpicari Ticet , et
Altornm problemamm Diophantaeorum , quortm .adhue
mon wifi folutiones pasticulares fimt zepertae, Yolutionss -
Guogue generales daxi, meque Wdiferimen fupiz memcas-
| . Za tum
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qum ¢z {oladonnm generalitate et particulvivats petitans
efie efennale ; vode patet quants adhuc incremesia fee
Anaiyfi Dioghaniaea defidercntur,  Ad quas fi vnquamy
penstrare comtigerit , nollum eff dublum quin inde
yoiverlt Aumalyfs, tam finicorum, guarn infinitorum, hauds
comemnends {ublidia fit acceptura. {um enim in cal-
culo intcgrall  praccipuum artificiom in hoc verlbrur,
vr fomaae differentivles jrrationales in rationales trans-
formearar : hoc aroficiem ipfam, vii ex Analyl Dio-
phantaea in Baoc caleufum eft trandatom, ita etiaig
ndidem mojors  auxilia merito expedlamuur j; €X qUO
fiudiom, quod in ifta Apalyfi, vicungue fierilis  alizs
g & fpedas videarmy , amplificanda imrpenditur, ned-
tiquam inugliter collocari eff cenfendum.

no.  Hic porrp alia conditio nom mims attette
tione digny cotari meretur , quod fhepins in Amlyft
Diophantaea eipsmodi problemata occurrant , quie per
methodos eonf.etas folutionem geameralern admirere Vi
deqrur, cum amen haec folutio temturn fit particulariss,
quibus: cafibus psculiaria artificia adhiberi debent, Vi re=
friGio, qur metbodus confueta eft limitata , toilanus,
Velnzdt fi duo cebi in numeris integiis quaerantor, quos
qum fmme §t pomerss quadeatus ; folatio mullo modor
sofindta obtinerz videtur , & ifla 2equatio x*—+-y* =22

ita refolmatur, VU pomatur ¥= £% et y=— %2, Fict enim
3 | 3 Yres — a3 3 4 ; s r¥ . - — _Pf” o
{p* + ?*)-z_ﬁg idevque 8= prgv, €6 N¥T progE

y= @i VYnle, viox ety fiant numerk integri s
fatgator 72/ p5-+g"), vt habeatus

pznep(p’—+ 47 et y=ung (P47

eritque A7 -y =n° (p¥ -}~ 4°)*= quadrato.

I 31_— E&ﬁ



QVORVND. PROEL. DIOPE ANTAZORV M. 134

sy, Btfi astem ifla folutio genemlis vidstur,
¢gamen pulli afii oumeri pro x et y inuesiuntur , Dif
qui communem habent fattorem pF—-g7, itw ¥ hing
concludendum videatur, nullos dari numeros inter” {&
_primos, qui, pro x et y fubflitur, quacftioni farisfaciant.
Interim, tamen cafir, quo x=1 et y=s2, perfpicmm eff;
fore z°~+-y°=9o= quadrato. Tametfi auntem hic cafus
ex formulis nofiris derivari poteft, pomendo p—i1
g—z, et n=% vide vtique prodit x=f,9=1I et F=Lo
=2; tamen vt hinc alii huius generis cafus eliciantur, ne-
cefleeft, vt pro p et g eiusmodi numeti gecipiantar, quornm
cuborum fumima fit quadratum, pua =55, Vi deincepd
poni poffit #=%: vnde prodibit x—=p e y=—g: qu@
pacto id ipfom , quod hic quaeritur, iam tanquam co~
goitum  poftalatur , vt feilicet duo cavi afignari queant;,
wornm  fumma it quadratum.  Quemadmodum  €Ig0o
tinic incommodo fit occnrrendum , in fequenti probles
smate videamus. - '

Problema.
g2, Yonenire duos numerns integrns inter fo pifl
@105, quorum cubi additi faciant quadiatum.

Solutio.
Sint & et ¢ mumeri guaefisi , ita vt effc debeat
2% 19" == quadrato.  Debet esgo (x-Hp){aw—2y-+1)
— gmdratom. At de his ducbus Hctoribus  aanotd;,
eos effe vel primos iuter fe, vel termarlumr pro COMie
muni menfira admitese ; vode foluto fier bipartita,
- Z 3 qua
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qua autum ita Jin wnam compmgetm: 5 ¥t Wierque
Aactor feorfim’ &y et xr—xy gy vel quadrawm
.effe debeat, el triplym quadratom,

1. Sit primum wterque factor quadratus ; 4C -po=~ -
T BE LYo gy T2 (PP ~p g gq)* , eritque Vel
PP "22,!?."7 &L ./'—PP 44, Vel X=2pgd~—pp
et §.=gq9—pp. Priori calu ergo oporter vt _fic
Fatymenp ~2pg—gq quadatum. Quae  forma

gum fit .o=g p@ D-q), i ponatr —ry, oportergt .
Jeﬁﬂe SPP“fp-i—q -7y — {ummae duomm quadra-
#orgm , gued eft impoffibile.  Relinqaitur ergo alier

2l quo # g =g g - 2 PG 2 PP A - P) —3 PP
= quadrﬂtum .cni datisfit pon@ndo

p=2mn ot »ii""amfﬁ'——ﬂrm+m
H=ePq-pp=— ¢mu(gmn—3ue--n1n)

}’w gg-ﬁp: (3 mm——}—-—?m) (3 T — 417 ~~07)
=(m-n)ar—u)3mmn +rm)

AL Tum Ver0  poratr xx-—xy-H-gp == triple .
quadrato =g(pp— pg+ qq) exitque, cui mphcx mg-
do fatisfir: -

g F—=2Pp—2pq- 44 gy K=2PP—2pg-9q 113 S ??‘HM‘” 264
J= pp+2pq- 2?4 J’~ PP—4D+ 94 J«—-”PP‘P*%M‘ 44
Caf primo fic:

x a—l—y_.éa D p—a g9=—-8plo quadrato, feu pp -g4= qua-
drato 1 wpdg fir p=maman; 6t §=2@H,
Jd&qque '

r=p (m—en n— 2 mu. 1 gt

F = B B O MR B 4 B -
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Cafir+(ecurido ft: 2549 =3p p—6 py= g plo quadmato s
€Ig0 pp~ 2% g quadrato,’ cui’ Qtisfic ponende p.= 2 iy
CE g ppns— ## - vnde - orituy
= st Cmmnn—ne
P B 6 i n et
Cafir denique- tértio - fit g YEZEDG-B g at e
' 215?‘-‘-4_?}.7"2:
hde: fits. pZmm < an et = i 3 -ideoque -
Bm QU AZCMMABA Y i
I g mE Gmmunee quac cum-Hiscongrount, -
Fha eigo ternas folusiones  problématis * pio WL
g p prop
I g.:m = 4mn(3mm=3 mhitnn)
Ty =" (m~n) g~ n) 3= ny
T5s Sg' g;: 2 (mt— 230 — 2 s = %y
T Ly w4 Gt = g et
111 g_'_'gv = gmt-=Gimnn—n"
Ly - st = G - 5%
vhi' quidem fecunda. fordny in® tertiny - qude * cam’ ‘quiargds
conuenit, -contsnta “deépreheénditury -itave fecunda, vek Ag"
. gigrcomplicata, omitt’ poffies

GOI’ G‘IL‘ 5
83. St'hlie fintulae; pro w-et p¢intititse,.- pepe
mimiertm - quadiatim’ quemcunque ” méltiplicedtury  eas .
quaefito aeque fatishcient, - ita *fcilicet “furhma cuborupy
Sy flat ntmerny goadratny’; - vode -mimeri ‘quotcuns
e’ nog primi-inter {6+ obtinebuntar, -  Simili-* antem

mibdo
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godo fi hae forrmrle commymem habuerint diniforens
quadratam , per esm divifie quachito perinde fatisficient,
wnde numcti inter & primi pro x et y Inueniuniur
quales hic propric quierimtur.  Geminas €rgo pro hog
pegotio habebimus fommulas:

§, A=A (3mm-gmn-t-ns) + y—— gumt-rbmmnn—it
* y=(ra-n) gm-n)(gmutng)y T ymne gut G e

Coroll. 2.

, q4. Euidets eft, dari infinitos cafis, cuibus ziters
flasum formuolaram recipit valorem negativum : quod in
prioribus  evenis, G vel m fit negativnm, vel 73 vel #
contineatur intsa limites z et gm: in pofterioribus au-
tem, § vel -2 fit i, qum §{x-+V2), vel e
minus, quam §(V 2—1). His srgo cafibus duo repe-

giongnr cubi , quornm differentia eft guadratm.

SEECLj
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